arXiv:astro-ph/0510492 v1 17 Oct 2005

29th International Cosmic Ray Conference Pune (2005) 00, 101–106

Darker Side of the Universe ....and the crying need for some bright ideas!

T. Padmanabhan

IUCAA, Post Bag 4, Ganeshkhind, Pune - 411 007, INDIA. email: nabhan@iucaa.ernet.in Presenter: T. Padmanabhan

Observations suggest that nearly seventy per cent of the energy density in the universe is unclustered and exerts negative pressure. Theoretical understanding of this component (‘dark energy’), which is driving an accelerated expansion of the universe, is the problem in cosmology today. I discuss this issue with special emphasis on the cosmological constant as the possible choice for the dark energy. Several curious features of a universe with a cosmological constant are described and some possible approaches to understand the nature of the cosmological constant are discussed.

1. The Contents of the Cosmos

Data of exquisite quality which became available in the last couple of decades has confirmed the broad paradigm of standard cosmology and has helped us to determine the composition of the universe. As a direct consequence, these cosmological observations have thrusted upon us a rather preposterous composition for the universe which defies any simple explanation, thereby posing the greatest challenge theoretical physics has ever faced.

It is convenient to measure the energy densities of the various components in terms of a critical energy density ρ_c = 3H^2_0 /8πG where H_0 = (ȧ/a)_0 is the rate of expansion of the universe at present. The variables Ω_i = ρ_i/ρ_c will give the fractional contribution of different components of the universe (i denoting baryons, dark matter, radiation, etc.) to the critical density. Observations then lead to the following results:

• Our universe has 0.98 ≲ Ω_{tot} ≲ 1.08. The value of Ω_{tot} can be determined from the angular anisotropy spectrum of the cosmic microwave background radiation (CMBR) (with the reasonable assumption that h > 0.5) and these observations now show that we live in a universe with critical density [1].

• Observations of primordial deuterium produced in big bang nucleosynthesis (which took place when the universe was about 1 minute in age) as well as the CMBR observations show that [2] the total amount of baryons in the universe contributes about Ω_B = (0.024 ± 0.0012)h^{−2}. Given the independent observations on the Hubble constant [3] which fix h = 0.72 ± 0.07, we conclude that Ω_B ∼= 0.04 − 0.06. These observations take into account all baryons which exist in the universe today irrespective of whether they are luminous or not. Combined with previous item we conclude that most of the universe is nonbaryonic.

• Host of observations related to large scale structure and dynamics (rotation curves of galaxies, estimate of cluster masses, gravitational lensing, galaxy surveys ..) all suggest [4] that the universe is populated by a non-luminous component of matter (dark matter; DM hereafter) made of weakly interacting massive particles which does cluster at galactic scales. This component contributes about Ω_{DM} ∼= 0.20 − 0.35.

• Combining the last observation with the first we conclude that there must be (at least) one more component to the energy density of the universe contributing about 70% of critical density. Early analysis of several observations [5] indicated that this component is unclustered and has negative pressure. This is confirmed dramatically by the supernova observations (see [6]; for a critical look at the data, see [7, 8]). The observations suggest that the missing component has w = p/ρ ≲ −0.78 and contributes Ω_{DE} ∼= 0.60 − 0.75.

• The universe also contains radiation contributing an energy density Ω_Rh^2 = 2.56 × 10^{−5} today most of which is due to photons in the CMBR. This is dynamically irrelevant today but would have been the dominant component in the universe at redshifts larger that z_{eq} ≃ Ω_{DM} /Ω_R ≃ 4 × 10^4Ω_{DM} h^2.

• Together we conclude that our universe has (approximately) Ω_{DE} ≃ 0.7, Ω_{DM} ≃ 0.26, Ω_B ≃ 0.04, Ω_R ≃ 5 × 10^{−5}. All known observations are consistent with such an — admittedly weird — composition for the universe.

Before discussing the puzzles raised by the composition of the universe in greater detail, let us briefly remind ourselves of the successes of the standard paradigm. The key idea is that if there existed small fluctuations in the energy density in the early universe, then gravitational instability can amplify them in a well-understood manner leading to structures like galaxies etc. today. The most popular model for generating these fluctuations is based on the idea that if the very early universe went through an inflationary phase [9], then the quantum fluctuations of the field driving the inflation can lead to energy density fluctuations[10, 11]. It is possible to construct models of inflation such that these fluctuations are described by a Gaussian random field and are characterized by a power spectrum of the form P (k) = Ak^n with n ≃ 1. The models cannot predict the value of the amplitude A in an unambiguous manner but it can be determined from CMBR observations. The CMBR observations are consistent with the inflationary model for the generation of perturbations and gives A ≃ (28.3h^{−1}M pc)^4 and n = 0.97 ± 0.023 (The first results were from COBE [12] and WMAP has reconfirmed them with far greater accuracy). When the perturbation is small, one can use well defined linear perturbation theory to study its growth. But when δ ≈ (δρ/ρ) is comparable to unity the perturbation theory breaks down. Since there is more power at small scales, smaller scales go non-linear first and structure forms hierarchically. The non linear evolution of the dark matter halos (which is an example of statistical mechanics of self gravitating systems; see e.g.[13]) can be understood by simulations as well as theoretical models based on approximate ansatz [14] and nonlinear scaling relations [15]. The baryons in the halo will cool and undergo collapse in a fairly complex manner because of gas dynamical processes. It seems unlikely that the baryonic collapse and galaxy formation can be understood by analytic approximations; one needs to do high resolution computer simulations to make any progress [16].

All these results are broadly consistent with observations. So, to the zeroth order, the universe is characterized by just seven numbers: h ≈ 0.7 describing the current rate of expansion; Ω_{DE} ≃ 0.7, Ω_{DM} ≃ 0.26, Ω_B ≃ 0.04, Ω_R ≃ 5 × 10^{−5} giving the composition of the universe; the amplitude A ≃ (28.3h^{−1}M pc)^4 and the index n ≃ 1 of the initial perturbations. The challenge is to make some sense out of these numbers from a more fundamental point of view.

2. The Dark Energy

It is rather frustrating that the only component of the universe which we understand theoretically is the radiation! While understanding the baryonic and dark matter components [in particular the values of Ω_B and Ω_{DM} ] is by no means trivial, the issue of dark energy is lot more perplexing, thereby justifying the attention it has received recently.

The key observational feature of dark energy is that — treated as a fluid with a stress tensor T^a_b = dia

(ρ, −p, −p, −p) — it has an equation state p = wρ with w ≲ −0.8 at the present epoch. The spatial part g of the geodesic acceleration (which measures the relative acceleration of two geodesics in the spacetime) satisfies an exact equation in general relativity given by:

∇ · g = −4πG(ρ + 3p) (1)

This shows that the source of geodesic acceleration is (ρ + 3p) and not ρ. As long as (ρ + 3p) > 0, gravity remains attractive while (ρ + 3p) < 0 can lead to repulsive gravitational effects. In other words, dark energy with sufficiently negative pressure will accelerate the expansion of the universe, once it starts dominating over the normal matter. This is precisely what is established from the study of high redshift supernova, which can be used to determine the expansion rate of the universe in the past [6].

The simplest model for a fluid with negative pressure is the cosmological constant (for a review, see [17]) with w = −1, ρ = −p = constant. If the dark energy is indeed a cosmological constant, then it introduces a fundamental length scale in the theory L_Λ ≡ H^{−1}_Λ , related to the constant dark energy density ρ_{DE} by H^2_Λ ≡ (8πGρ_{DE} /3). In classical general relativity, based on the constants G, c and L_Λ, it is not possible to construct any dimensionless combination from these constants. But when one introduces the Planck constant, ℏ, it is possible to form the dimensionless combination H^2_Λ(Gℏ/c^3) ≡ (L^2_P /L^2_Λ). Observations then require (L^2_P /L^2_Λ) ≲ 10^{−123}. As has been mentioned several times in literature, this will require enormous fine tuning. What is more, in the past, the energy density of normal matter and radiation would have been higher while the energy density contributed by the cosmological constant does not change. Hence we need to adjust the energy densities of normal matter and cosmological constant in the early epoch very carefully so that ρ_Λ ≳ ρ_{NR} around the current epoch. This raises the second of the two cosmological constant problems: Why is it that (ρ_Λ/ρ_{NR}) = O(1) at the current phase of the universe ?

Because of these conceptual problems associated with the cosmological constant, people have explored a large variety of alternative possibilities. The most popular among them uses a scalar field ϕ with a suitably chosen potential V (ϕ) so as to make the vacuum energy vary with time. The hope then is that, one can find a model in which the current value can be explained naturally without any fine tuning. A simple form of the source with variable w are scalar fields with Lagrangians of different forms, of which we will discuss two possibilities:

L_{quin} = 1 2 ∂_aϕ∂^aϕ − V (ϕ); L_{tach} = −V (ϕ)[1 − ∂_aϕ∂^aϕ]^{1/2} (2)

Both these Lagrangians involve one arbitrary function V (ϕ). The first one, L_{quin} , which is a natural generalization of the Lagrangian for a non-relativistic particle, L = (1/2)q̇^2 − V (q), is usually called quintessence (for a small sample of models, see [18]; there is an extensive and growing literature on scalar field models and more references can be found in the reviews in ref.[17]). When it acts as a source in Friedman universe, it is characterized by a time dependent w(t) with

ρ_q(t) = 1 2 ϕ̇^2 + V ; p_q(t) = 1 2 ϕ̇^2 − V ; w_q = 1 − (2V / ϕ̇2)

1 + (2V /ϕ̇^2) (3)

The structure of the second Lagrangian in Eq. (2) can be understood by a simple analogy from special relativity. A relativistic particle with (one dimensional) position q(t) and mass m is described by the Lagrangian L = −m √ 1 − q̇^2. It has the energy E = m/ √ 1 − q̇^2 and momentum k = mq̇/ √ 1 − q̇^2 which are related by E^2 = k^2 + m^2. As is well known, this allows the possibility of having massless particles with finite energy for which E^2 = k^2. This is achieved by taking the limit of m → 0 and q̇ → 1, while keeping the ratio in E = m/ √ 1 − q̇^2 finite. The momentum acquires a life of its own, unconnected with the velocity q̇, and the energy is expressed in terms of the momentum (rather than in terms of q̇) in the Hamiltonian formulation.

We can now construct a field theory by upgrading q(t) to a field ϕ. Relativistic invariance now requires ϕ to depend on both space and time [ϕ = ϕ(t, x)] and q̇^2 to be replaced by ∂_iϕ∂^iϕ. It is also possible now to treat the mass parameter m as a function of ϕ, say, V (ϕ) thereby obtaining a field theoretic Lagrangian L = −V (ϕ) √ 1 − ∂^iϕ∂_iϕ. The Hamiltonian structure of this theory is algebraically very similar to the special relativistic example we started with. In particular, the theory allows solutions in which V → 0, ∂_iϕ∂^iϕ → 1 simultaneously, keeping the energy (density) finite. Such solutions will have finite momentum density (analogous to a massless particle with finite momentum k) and energy density. Since the solutions can now depend on both space and time (unlike the special relativistic example in which q depended only on time), the momentum density can be an arbitrary function of the spatial coordinate. The structure of this Lagrangian is similar to those analyzed in a wide class of models called K-essence [19] and provides a rich gamut of possibilities in the context of cosmology [20, 21].

Since the quintessence field (or the tachyonic field) has an undetermined free function V (ϕ), it is possible to choose this function in order to produce a given H(a). To see this explicitly, let us assume that the universe has two forms of energy density with ρ(a) = ρ_{known}(a) + ρ_ϕ(a) where ρ_{known}(a) arises from any known forms of source (matter, radiation, ...) and ρ_ϕ(a) is due to a scalar field. Let us first consider quintessence. Here, the potential is given implicitly by the form [22, 20]

V (a) = 1 16πG H(1 − Q) [ 6H + 2aH^′ − aHQ^′ 1 − Q ] (4)

ϕ(a) = [ 1 8πG ]_{1/2} ∫ da a [ aQ^′ − (1 − Q) d ln H^2 d ln a ]_{1/2} (5) where Q(a) ≡ [8πGρ_{known}(a)/3H^2(a)] and prime denotes differentiation with respect to a. Given any H(a), Q(a), these equations determine V (a) and ϕ(a) and thus the potential V (ϕ). Every quintessence model studied in the literature can be obtained from these equations.

Similar results exists for the tachyonic scalar field as well [20]. For example, given any H(a), one can construct a tachyonic potential V (ϕ) so that the scalar field is the source for the cosmology. The equations determining V (ϕ) are now given by: ϕ(a) = ∫ da aH ( aQ^′ 3(1 − Q) − 2 3 aH^′ H )_{1/2} (6)

V = 3H^2 8πG (1 − Q) ( 1 + 2 3 aH^′ H − aQ^′ 3(1 − Q) )_{1/2} (7) Equations (6) and (7) completely solve the problem. Given any H(a), these equations determine V (a) and ϕ(a) and thus the potential V (ϕ). A wide variety of phenomenological models with time dependent cosmological constant have been considered in the literature all of which can be mapped to a scalar field model with a suitable V (ϕ). While the scalar field models enjoy considerable popularity (one reason being they are easy to construct!) it is very doubtful whether they have helped us to understand the nature of the dark energy at any deeper level. These models, viewed objectively, suffer from several shortcomings:

• They completely lack predictive power. As explicitly demonstrated above, virtually every form of a(t) can be modeled by a suitable “designer” V (ϕ).

• These models are degenerate in another sense. The previous discussion illustrates that even when w(a)

Figure 1. Constraints on the possible variation of the dark energy density with redshift. The darker shaded region (blue) is excluded by SN observations while the lighter shaded region (green and red) is excluded by WMAP observations. It is obvious that WMAP puts stronger constraints on the possible variations of dark energy density. The cosmological constant corresponds to the horizontal line at unity which is consistent with observations. (For more details, see the last two references in [8].)

is known/specified, it is not possible to proceed further and determine the nature of the scalar field Lagrangian. The explicit examples given above show that there are at least two different forms of scalar field Lagrangians (corresponding to the quintessence or the tachyonic field) which could lead to the same w(a). (See ref.[7] for an explicit example of such a construction.)

• All the scalar field potentials require fine tuning of the parameters in order to be viable. This is obvious in the quintessence models in which adding a constant to the potential is the same as invoking a cosmological constant. So to make the quintessence models work, we first need to assume the cosmological constant is zero. These models, therefore, merely push the cosmological constant problem to another level, making it somebody else’s problem!.

• By and large, the potentials used in the literature have no natural field theoretical justification. All of them are non-renormalisable in the conventional sense and have to be interpreted as a low energy effective potential in an ad hoc manner.

• One key difference between cosmological constant and scalar field models is that the latter lead to a w(a) which varies with time. If observations have demanded this, or even if observations have ruled out w = −1 at the present epoch, then one would have been forced to take alternative models seriously. However, all available observations are consistent with cosmological constant (w = −1) and — in fact — the possible variation of w is strongly constrained [8] as shown in Figure 1.

• While on the topic of observational constraints on w(t), it must be stressed that: (a) There is fair amount of tension between WMAP and SN data and one should be very careful about the priors used in these analysis. (b) There is no observational evidence for w < −1. (c) It is likely that more homogeneous, future, data sets of SN might show better agreement with WMAP results. (For more details related to these issues, see the last reference in [8].)

Given this situation, we shall now take a more serious look at the cosmological constant as the source of dark energy in the universe.

3. Cosmological Constant: Facing up to the Challenge

The observational and theoretical features described above suggests that one should consider cosmological constant as the most natural candidate for dark energy. Though it leads to well know fine tuning problems, it also has certain attractive features that need to kept in mind.

• Cosmological constant is the most economical [just one number] and simplest explanation for all the observations. I repeat that there is absolutely no evidence for variation of dark energy density with redshift, which is consistent with the assumption of cosmological constant .

• Once we invoke the cosmological constant classical gravity will be described by the three constants G, c and Λ ≡ L^{−2}_Λ . It is not possible to obtain a dimensionless quantity from these; so, within classical theory, there is no fine tuning issue. Since Λ(Gℏ/c^3) ≡ (L_P /L_Λ)^2 ≈ 10^{−123}, it is obvious that the cosmological constant is telling us something regarding quantum gravity, indicated by the combination Gℏ. An acid test for any quantum gravity model will be its ability to explain this value; needless to say, all the currently available models — strings, loops etc. — flunk this test.

• So, if dark energy is indeed cosmological constant this will be the greatest contribution from cosmology to fundamental physics. It will be unfortunate if we miss this chance by invoking some scalar field epicycles!

In this context, it is worth stressing another peculiar feature of cosmological constant when it is treated as a clue to quantum gravity. It is well known that, based on energy scales, the cosmological constant problem is an infra red problem par excellence. At the same time, it is a relic of a quantum gravitational effect or principle of unknown nature. An analogy will be helpful to illustrate this point. Suppose you solve the Schrodinger equation for the Helium atom for the quantum states of the two electrons ψ(x_1, x_2). When the result is compared with observations, you will find that only half the states — those in which ψ(x_1, x_2) is antisymmetric under x_1 ←→ x_2 interchange — are realised in nature. But the low energy Hamiltonian for electrons in the Helium atom has no information about this effect! Here is low energy (IR) effect which is a relic of relativistic quantum field theory (spin-statistics theorem) that is totally non perturbative, in the sense that writing corrections to the Helium atom Hamiltonian in some (1/c) expansion will not reproduce this result. I suspect the current value of cosmological constant is related to quantum gravity in a similar way. There must exist a deep principle in quantum gravity which leaves its non perturbative trace even in the low energy limit that appears as the cosmological constant .

Let us now turn our attention to few of the many attempts to understand the cosmological constant. The choice is, of course, dictated by personal bias and is definitely a non-representative sample. A host of other approaches exist in literature, some of which can be found in [23].

3.1 Gravitational Holography

One possible way of addressing this issue is to simply eliminate from the gravitational theory those modes which couple to cosmological constant. If, for example, we have a theory in which the source of gravity is (ρ + p) rather than (ρ + 3p) in Eq. (1), then cosmological constant will not couple to gravity at all. (The non linear coupling of matter with gravity has several subtleties; see eg. [24].) Unfortunately it is not possible to develop a covariant theory of gravity using (ρ + p) as the source. But we can probably gain some insight from the following considerations. Any metric g_{ab} can be expressed in the form g_{ab} = f^2(x)q_{ab} such that det q = 1 so that det g = f^4. From the action functional for gravity A = 1 16πG ∫ d^4x(R − 2Λ) √ −g = 1 16πG ∫ d^4xR √ −g − Λ 8πG ∫ d^4xf^4(x) (8)

it is obvious that the cosmological constant couples only to the conformal factor f. So if we consider a theory of gravity in which f^4 = √ −g is kept constant and only q_{ab} is varied, then such a model will be oblivious of direct coupling to cosmological constant. If the action (without the Λ term) is varied, keeping det g = −1, say, then one is lead to a unimodular theory of gravity that has the equations of motion R_{ab} − (1/4)g_{ab}R = κ(T_{ab} − (1/4)g_{ab}T ) with zero trace on both sides. Using the Bianchi identity, it is now easy to show that this is equivalent to the usual theory with an arbitrary cosmological constant. That is, cosmological constant arises as an undetermined integration constant in this model [25].

The same result arises in another, completely different approach to gravity. In the standard approach to gravity one uses the Einstein-Hilbert Lagrangian L_{EH} ∝ R which has a formal structure L_{EH} ∼ R ∼ (∂g)^2 + ∂^2g. If the surface term obtained by integrating L_{sur} ∝ ∂^2g is ignored (or, more formally, canceled by an extrinsic curvature term) then the Einstein’s equations arise from the variation of the bulk term L_{bulk} ∝ (∂g)^2 which is the non-covariant Γ^2 Lagrangian. There is, however, a remarkable relation [26] between L_{bulk} and L_{sur}: √ −gL_{sur} = −∂_a ( g_{ij} ∂ √ −gL_{bulk} ∂(∂_ag_{ij}) ) (9)

which allows a dual description of gravity using either L_{bulk} or L_{sur}! It is possible to obtain [27] the dynamics of gravity from an approach which uses only the surface term of the Hilbert action; we do not need the bulk term at all !. This suggests that the true degrees of freedom of gravity for a volume V reside in its boundary ∂V — a point of view that is strongly supported by the study of horizon entropy, which shows that the degrees of freedom hidden by a horizon scales as the area and not as the volume. The resulting equations can be cast in a thermodynamic form T dS = dE + P dV and the continuum spacetime is like an elastic solid (see e.g. [28]]) with Einstein’s equations providing the macroscopic description. Interestingly, the cosmological constant arises again in this approach as a undetermined integration constant but closely related to the ‘bulk expansion’ of the solid.

While this is all very interesting, we still need an extra physical principle to fix the value (even the sign) of cosmological constant . One possible way of doing this is to interpret the Λ term in the action as a Lagrange multiplier for the proper volume of the spacetime. Then it is reasonable to choose the cosmological constant such that the total proper volume of the universe is equal to a specified number. While this will lead to a cosmological constant which has the correct order of magnitude, it has several obvious problems. First, the proper four volume of the universe is infinite unless we make the spatial sections compact and restrict the range of time integration. Second, this will lead to a dark energy density which varies as t^{−2} (corresponding to w = −1/3 ) which is ruled out by observations.

3.2 Cosmic Lenz law

Another possibility which has been attempted in the literature tries to ”cancel out” the cosmological constant by some process, usually quantum mechanical in origin. One of the simplest ideas will be to ask whether switching on a cosmological constant will lead to a vacuum polarization with an effective energy momentum tensor that will tend to cancel out the cosmological constant . A less subtle way of doing this is to invoke another scalar field (here we go again!) such that it can couple to cosmological constant and reduce its effective value [29]. Unfortunately, none of this could be made to work properly. By and large, these approaches lead to an energy density which is either ρ_{UV} ∝ L^{−4}_P (where L_P is the Planck length) or to ρ_{IR} ∝ L^{−4}_Λ (where L_Λ = H^{−1}_Λ is the Hubble radius associated with the cosmological constant ). The first one is too large while the second one is too small!

3.3 Geometrical Duality in our Universe

While the above ideas do not work, it gives us a clue. A universe with two length scales L_Λ and L_P will be asymptotically deSitter with a(t) ∝ exp(t/L_Λ) at late times. There are some curious features in such a universe which we will now explore. Given the two length scales L_P and L_Λ, one can construct two energy scales ρ_{UV} = 1/L^4_P and ρ_{IR} = 1/L^4_Λ in natural units (c = ℏ = 1). There is sufficient amount of justification from different theoretical perspectives to treat L_P as the zero point length of spacetime [30], giving a natural interpretation to ρ_{UV} . The second one, ρ_{IR} also has a natural interpretation. The universe which is asymptotically deSitter has a horizon and associated thermodynamics [31] with a temperature T = H_Λ/2π and the corresponding thermal energy density ρ_{thermal} ∝ T^4 ∝ 1/L^4_Λ = ρ_{IR} . Thus L_P determines the highest possible energy density in the universe while L_Λ determines the lowest possible energy density in this universe. As the energy density of normal matter drops below this value, the thermal ambience of the deSitter phase will remain constant and provide the irreducible ‘vacuum noise’. Note that the dark energy density is the the geometric mean ρ_{DE} = √ρ_{IR} ρ_{UV} between the two energy densities. If we define a dark energy length scale L_{DE} such that ρ_{DE} =

1/L^4_{DE} then L_{DE} = √ L_P L_Λ is the geometric mean of the two length scales in the universe. (Incidentally, L_{DE} ≈ 0.04 mm is macroscopic; it is also pretty close to the length scale associated with a neutrino mass of 10^{−2} eV; another intriguing coincidence ?!)

Figure 2 summarizes these features [32, 33]. Using the characteristic length scale of expansion, the Hubble radius d_H ≡ (ȧ/a)^{−1}, we can distinguish between three different phases of such a universe. The first phase is when the universe went through a inflationary expansion with d_H = constant; the second phase is the radiation/matter dominated phase in which most of the standard cosmology operates and d_H increases monotonically; the third phase is that of re-inflation (or accelerated expansion) governed by the cosmological constant in which d_H is again a constant. The first and last phases are time translation invariant; that is, t → t+ constant is an (approximate) invariance for the universe in these two phases. The universe satisfies the perfect cosmological principle and is in steady state during these phases!

In fact, one can easily imagine a scenario in which the two deSitter phases (first and last) are of arbitrarily long duration [32]. If Ω_Λ ≈ 0.7, Ω_{DM} ≈ 0.3 the final deSitter phase does last forever; as regards the inflationary phase, nothing prevents it from lasting for arbitrarily long duration. Viewed from this perspective, the in between phase — in which most of the ‘interesting’ cosmological phenomena occur — is of negligible measure in the span of time. It merely connects two steady state phases of the universe. The figure 2 also shows the variation of L_{DE} by broken horizontal lines.

While the two deSitter phases can last forever in principle, there is a natural cut off length scale in both of them which makes the region of physical relevance to be finite [32]. Let us first discuss the case of re-inflation in the late universe. As the universe grows exponentially in the phase 3, the wavelength of CMBR photons are

Figure 2. The geometrical structure of a universe with two length scales LP and LΛ corresponding to the Planck length and the cosmological constant [32, 33]. Such a universe spends most of its time in two De Sitter phases which are (approximately) time translation invariant. The first De Sitter phase corresponds to the inflation and the second corresponds to the accelerated expansion arising from the cosmological constant. Most of the perturbations generated during the inflation will leave the Hubble radius (at some A, say) and re-enter (at B). However, perturbations which exit the Hubble radius earlier than C will never re-enter the Hubble radius, thereby introducing a specific dynamic range CE during the inflationary phase. The epoch F is characterized by the redshifted CMB temperature becoming equal to the De Sitter temperature (HΛ/2π) which introduces another dynamic range DF in the accelerated expansion after which the universe is dominated by vacuum noise of the De Sitter spacetime.

being redshifted rapidly. When the temperature of the CMBR radiation drops below the deSitter temperature (which happens when the wavelength of the typical CMBR photon is stretched to the L_Λ.) the universe will be essentially dominated by the vacuum thermal noise of the deSitter phase. This happens at the point marked F when the expansion factor is a = a_F determined by the equation T_0(a_0/a_F ) = (1/2πL_Λ). Let a = a_Λ be the epoch at which cosmological constant started dominating over matter, so that (a_Λ/a_0)^3 = (Ω_{DM} /Ω_Λ). Then we find that the dynamic range of DF is a_F a_Λ

= 2πT_0L_Λ ( Ω_Λ Ω_{DM} )_{1/3} ≈ 3 × 10^{30} (10)

Interestingly enough, one can also impose a similar bound on the physically relevant duration of inflation. We know that the quantum fluctuations generated during this inflationary phase could act as seeds of structure formation in the universe [10]. Consider a perturbation at some given wavelength scale which is stretched with the expansion of the universe as λ ∝ a(t). (See the line marked AB in Figure 2.) During the inflationary phase, the Hubble radius remains constant while the wavelength increases, so that the perturbation will ‘exit’ the Hubble radius at some time (the point A in Figure 2). In the radiation dominated phase, the Hubble radius d_H ∝ t ∝ a^2 grows faster than the wavelength λ ∝ a(t). Hence, normally, the perturbation will ‘re-enter’ the Hubble radius at some time (the point B in Figure 2). If there was no re-inflation, this will make all wavelengths re-enter the Hubble radius sooner or later. But if the universe undergoes re-inflation, then the Hubble radius ‘flattens out’ at late times and some of the perturbations will never reenter the Hubble radius ! The limiting perturbation which just ‘grazes’ the Hubble radius as the universe enters the re-inflationary phase is shown by the line marked CD in Figure 2. If we use the criterion that we need the perturbation to reenter the Hubble radius, we get a natural bound on the duration of inflation which is of direct astrophysical relevance. This portion of the inflationary regime is marked by CE and can be calculated as follows: Consider a perturbation which leaves the Hubble radius (H^{−1}_{in} ) during the inflationary epoch at a = a_i. It will grow to the size H^{−1}_{in} (a/a_i) at a later epoch. We want to determine a_i such that this length scale grows to L_Λ just when the dark energy starts dominating over matter; that is at the epoch a = a_Λ = a_0(Ω_{DM} /Ω_Λ)^{1/3}. This gives H^{−1}_{in} (a_Λ/a_i) = L_Λ so that a_i = (H^{−1}_{in} /L_Λ)(Ω_{DM} /Ω_Λ)^{1/3}a_0. On the other hand, the inflation ends at a = a_{end} where a_{end}/a_0 = T_0/T_{reheat} where T_{reheat} is the temperature to which the universe has been reheated at the end of inflation. Using these two results we can determine the dynamic range of CE to be

a_{end} a_i = ( T_0L_Λ T_{reheat}H^{−1}_{in} ) ( Ω_Λ Ω_{DM} )_{1/3} = (a_F /a_Λ) 2πT_{reheat}H^{−1}_{in}

∼= 10^{25} (11)

where we have used the fact that, for a GUTs scale inflation with E_{GUT} = 10^{14}GeV, T_{reheat} = E_{GUT} , ρ_{in} = E^4_{GUT} we have 2πH^{−1}_{in} T_{reheat} = (3π/2)^{1/2}(E_P /E_{GUT} ) ≈ 10^5. If we consider a quantum gravitational, Planck scale, inflation with 2πH^{−1}_{in} T_{reheat} = O(1), the phases CE and DF are approximately equal. The region in the quadrilateral CEDF is the most relevant part of standard cosmology, though the evolution of the universe can extend to arbitrarily large stretches in both directions in time.

This figure is definitely telling us something regarding the duality between Planck scale and Hubble scale or between the infrared and ultraviolet limits of the theory. The mystery is compounded by the fact the asymptotic de Sitter phase has an observer dependent horizon and related thermal properties. Recently, it has been shown — in a series of papers, see ref.[27] — that it is possible to obtain classical relativity from purely thermodynamic considerations. It is difficult to imagine that these features are unconnected and accidental; at the same time, it is difficult to prove a definite connection between these ideas and the cosmological constant . Clearly, more exploration of these ideas is required.

3.4 Gravity as detector of the vacuum energy

Finally, I will describe an idea which does lead to the correct value of cosmological constant. The conventional discussion of the relation between cosmological constant and vacuum energy density is based on evaluating the zero point energy of quantum fields with an ultraviolet cutoff and using the result as a source of gravity.

Any reasonable cutoff will lead to a vacuum energy density ρ_{vac} which is unacceptably high. This argument, however, is too simplistic since the zero point energy — obtained by summing over the (1/2)ℏω_k — has no observable consequence in any other phenomena and can be subtracted out by redefining the Hamiltonian. The observed non trivial features of the vacuum state of QED, for example, arise from the fluctuations (or modifications) of this vacuum energy rather than the vacuum energy itself. This was, in fact, known fairly early in the history of cosmological constant problem and, in fact, is stressed by Zeldovich [34] who explicitly calculated one possible contribution to fluctuations after subtracting away the mean value. This suggests that we should consider the fluctuations in the vacuum energy density in addressing the cosmological constant problem.

If the vacuum probed by the gravity can readjust to take away the bulk energy density ρ_{UV} ≃ L^{−4}_P , quantum fluctuations can generate the observed value ρ_{DE}. One of the simplest models [35] which achieves this uses the fact that, in the semiclassical limit, the wave function describing the universe of proper four-volume V will vary as Ψ ∝ exp(−iA_0) ∝ exp[−i(Λ_{eff} V/L^2_P )]. If we treat (Λ/L^2_P , V) as conjugate variables then uncertainty principle suggests ΔΛ ≈ L^2_P /ΔV. If the four volume is built out of Planck scale substructures, giving V = N L^4_P , then the Poisson fluctuations will lead to ΔV ≈ √ VL^2_P giving ΔΛ = L^2_P /ΔV ≈ 1/ √ V ≈ H^2_0 . (This idea can be a more quantitative; see [35]).

Similar viewpoint arises, more formally, when we study the question of detecting the energy density using gravitational field as a probe. Recall that an Unruh-DeWitt detector with a local coupling L_I = M (τ )ϕ[x(τ )] to the field ϕ actually responds to ⟨0|ϕ(x)ϕ(y)|0⟩ rather than to the field itself [36]. Similarly, one can use the gravitational field as a natural “detector” of energy momentum tensor T_{ab} with the standard coupling L = κh_{ab}T^{ab}. Such a model was analysed in detail in ref. [37] and it was shown that the gravitational field responds to the two point function ⟨0|T_{ab}(x)T_{cd}(y)|0⟩. In fact, it is essentially this fluctuations in the energy density which is computed in the inflationary models [9] as the seed source for gravitational field, as stressed in ref. [11]. All these suggest treating the energy fluctuations as the physical quantity “detected” by gravity, when one needs to incorporate quantum effects. If the cosmological constant arises due to the energy density of the vacuum, then one needs to understand the structure of the quantum vacuum at cosmological scales. Quantum theory, especially the paradigm of renormalization group has taught us that the energy density — and even the concept of the vacuum state — depends on the scale at which it is probed. The vacuum state which we use to study the lattice vibrations in a solid, say, is not the same as vacuum state of the QED.

In fact, it seems inevitable that in a universe with two length scale L_Λ, L_P , the vacuum fluctuations will contribute an energy density of the correct order of magnitude ρ_{DE} = √ρ_{IR} ρ_{UV} . The hierarchy of energy scales in such a universe, as detected by the gravitational field has [32, 38] the pattern

ρ_{vac} = 1 L^4_P + 1 L^4_P ( L_P L_Λ

)_2 + 1 L^4_P ( L_P L_Λ

)_4 + · · · (12)

The first term is the bulk energy density which needs to be renormalized away (by a process which we do not understand at present); the third term is just the thermal energy density of the deSitter vacuum state; what is interesting is that quantum fluctuations in the matter fields inevitably generate the second term.

The key new ingredient arises from the fact that the properties of the vacuum state depends on the scale at which it is probed and it is not appropriate to ask questions without specifying this scale. If the spacetime has a cosmological horizon which blocks information, the natural scale is provided by the size of the horizon, L_Λ, and we should use observables defined within the accessible region. The operator H(< L_Λ), corresponding to the total energy inside a region bounded by a cosmological horizon, will exhibit fluctuations ΔE since vacuum state is not an eigenstate of this operator. The corresponding fluctuations in the energy density, Δρ ∝ (ΔE)/L^3_Λ = f(L_P , L_Λ) will now depend on both the ultraviolet cutoff L_P as well as L_Λ. To obtain Δρ_{vac} ∝

ΔE/L^3_Λ which scales as (L_P L_Λ)^{−2} we need to have (ΔE)^2 ∝ L^{−4}_P L^2_Λ; that is, the square of the energy fluctuations should scale as the surface area of the bounding surface which is provided by the cosmic horizon. Remarkably enough, a rigorous calculation [38] of the dispersion in the energy shows that for L_Λ ≫ L_P , the final result indeed has the scaling

(ΔE)^2 = c_1

L^2_Λ L^4_P

(13)

where the constant c_1 depends on the manner in which ultra violet cutoff is imposed. Similar calculations have been done (with a completely different motivation, in the context of entanglement entropy) by several people and it is known that the area scaling found in Eq. (13), proportional to L^2_Λ, is a generic feature [39]. For a simple exponential UV-cutoff, c_1 = (1/30π^2) but cannot be computed reliably without knowing the full theory. We thus find that the fluctuations in the energy density of the vacuum in a sphere of radius L_Λ is given by Δρ_{vac} = ΔE L^3_Λ

∝ L^{−2}_P L^{−2}_Λ ∝

H^2_Λ G (14)

The numerical coefficient will depend on c_1 as well as the precise nature of infrared cutoff radius (like whether it is L_Λ or L_Λ/2π etc.). It would be pretentious to cook up the factors to obtain the observed value for dark energy density. But it is a fact of life that a fluctuation of magnitude Δρ_{vac} ≃ H^2_Λ/G will exist in the energy density inside a sphere of radius H^{−1}_Λ if Planck length is the UV cut off. One cannot get away from it. On the other hand, observations suggest that there is a ρ_{vac} of similar magnitude in the universe. It seems natural to identify the two, after subtracting out the mean value by hand. Our approach explains why there is a surviving cosmological constant which satisfies ρ_{DE} = √ ρ_{IR} ρ_{UV} which — in our opinion — is the problem. (For a completely different way of interpreting this result, based on some imaginative ideas suggested by Bjorken, see [33]).

4. Conclusion

In this talk I have argued that: (a) The existence of a component with negative pressure constitutes a major challenge in theoretical physics. (b) The simplest choice for this component is the cosmological constant; other models based on scalar fields [as well as those based on branes etc. which I did not have time to discuss] do not alleviate the difficulties faced by cosmological constant and — in fact — makes them worse. (c) The cosmological constant is most likely to be a low energy relic of a quantum gravitational effect or principle and its explanation will require a radical shift in our current paradigm. I discussed some speculative ideas and possible approaches to understand the cosmological constant but none of them seems to be ‘crazy enough to be true’. Preposterous universe will require preposterous explanations and one needs to get bolder.

References

[1] P. de Bernardis et al., (2000), Nature 404, 955; A. Balbi et al., (2000), Ap.J., 545, L1; S. Hanany et al., (2000), Ap.J., 545, L5; T.J. Pearson et al., Astrophys.J., 591 (2003) 556; C.L. Bennett et al, Astrophys. J. Suppl. ,148, 1 (2003); D. N. Spergel et al., ApJS, 148, 175 (2003); B. S. Mason et al., Astrophys.J. ,591 (2003) 540. For a summary, see e.g., L. A. Page, astro-ph/0402547.

[2] W.J. Percival et al., Mon.Not.Roy.Astron.Soc. 337, 1068 (2002); MNRAS 327, 1297 (2001); X. Wang et al., (2002), Phys. Rev. D 65, 123001; T. Padmanabhan and Shiv Sethi, Ap. J, (2001), 555, 125 [astro-ph/0010309]. For a review of BBN, see S.Sarkar, Rept.Prog.Phys., (1996), 59, 1493.

[3] W. Freedman et al., (2001), Astrophysical Journal, 553, 47; J.R. Mould etal., Astrophys. J., (2000), 529, 786.

[4] For a discussion of the current evidence, see e.g. P.J.E. Peebles, astro-ph/0410284. [5] G. Efstathiou et al., Nature, (1990), 348, 705; J. P. Ostriker and P. J. Steinhardt, Nature, (1995), 377, 600; J. S. Bagla, T. Padmanabhan and J. V. Narlikar, Comments on Astrophysics, (1996), 18, 275 [astro-ph/9511102].

[6] S.J. Perlmutter et al., Astrophys. J. (1999) 517,565; A.G. Reiss et al., Astron. J. (1998), 116,1009;

J. L. Tonry et al., ApJ, (2003), 594, 1; B. J. Barris, Astrophys.J., 602 (2004), 571; A. G.Reiss et al., Astrophys.J. 607, (2004), 665.

[7] T. Padmanabhan and T. Roy Choudhury, Mon. Not. Roy. Astron. Soc. 344, 823 (2003) [astro-ph/0212573].

[8] T.Roy Choudhury, T. Padmanabhan, Astron.Astrophys., 429 807, (2005) [astro-ph/0311622]; H. K. Jassal et al., Mon.Not.Roy.Astron.Soc.Letters, 356, L11, (2005) [astro-ph/0404378];[astro-ph/0506748].

[9] D. Kazanas, Astrophys. J. Letts. (1980), 241, 59; A. A. Starobinsky, JETP Lett. (1979), 30, 682; Phys.

Lett. B (1980), 91, 99; A. H. Guth, Phys. Rev. D (1981), 23, 347; A. D. Linde, Phys. Lett. B (1982), 108, 389; A. Albrecht and P. J. Steinhardt, Phys. Rev. Lett. (1982), 48,1220; for a review, see e.g., J. V. Narlikar and T. Padmanabhan, Ann. Rev. Astron. Astrophys. (1991), 29, 325.

[10] S. W. Hawking, Phys. Lett. B (1982), 115, 295; A. A. Starobinsky, Phys. Lett. B (1982), 117, 175;

A. H. Guth and S.-Y. Pi, Phys. Rev. Lett. (1982), 49, 1110; J. M. Bardeen, P. J. Steinhardt and M. S. Turner, Phys. Rev. D (1983), 28, 679; L. F. Abbott and M. B. Wise, Nucl. Phys. B (1984), 244, 541. For a recent discussion with detailed set of references, see L. Sriramkumar, T. Padmanabhan, Phys. Rev., D 71, 103512 (2005) [gr-qc/0408034].

[11] T. Padmanabhan , Phys. Rev. Letts. , (1988), 60 , 2229; T. Padmanabhan , T.R. Seshadri and T.P. Singh, Phys.Rev. D.(1989) 39 , 2100.

[12] G.F. Smoot. et al., (1992), ApJ 396, L1; T. Padmanabhan, D. Narasimha, (1992), MNRAS, 259, 41P; G.

Efstathiou, J.R. Bond, S.D.M. White, (1992), MNRAS, 258, 1.

[13] For a review, see T.Padmanabhan, Phys. Rept. 188, 285 (1990); T.Padmanabhan, Astrophys. Jour. Supp., 71, 651 (1989); [astro-ph/0206131].

[14] Ya.B. Zeldovich, Astron.Astrophys., 5, 84,(1970); Gurbatov, S. N. et al, MNRAS, 236, 385 (1989); T.G.

Brainerd et al., Astrophys.J., 418, 570 (1993); J.S. Bagla, T.Padmanabhan, MNRAS, 266, 227 (1994) [gr-qc/9304021]; MNRAS, 286 , 1023 (1997) [astro-ph/9605202]; T.Padmanabhan, S.Engineer, Ap. J., 493, 509 (1998) [astro-ph/9704224]; S. Engineer et.al., MNRAS 314 , 279 (2000) [astro-ph/9812452]; for a recent review, see T.Tatekawa, [astro-ph/0412025].

[15] A. J. S. Hamilton et al., Ap. J., 374, L1 (1991),; T.Padmanabhan et al.,Ap. J.,466, 604 (1996) [astro-ph/9506051]; D. Munshi et al., MNRAS, 290, 193 (1997) [astro-ph/9606170]; J. S. Bagla, et.al., Ap.J., 495, 25 (1998) [astro-ph/9707330]; N.Kanekar et al., MNRAS, 324, 988 (2001) [astro-ph/0101562]. R. Nityananda, T. Padmanabhan, MNRAS, 271, 976 (1994) [gr-qc/9304022]; T. Padmanabhan, MNRAS, 278, L29 (1996) [astro-ph/9508124].

[16] For a pedagogical description, see J.S. Bagla, astro-ph/0411043; J.S. Bagla, T. Padmanabhan, Pramana, 49, 161 (1997) [astro-ph/0411730].

[17] T. Padmanabhan, Phys. Rept. 380, 235 (2003) [hep-th/0212290]; T. Padmanabhan, Current Science, 88,1057, (2005) [astro-ph/0411044]; [gr-qc/0503107]; P. J. E. Peebles and B. Ratra, Rev. Mod. Phys. 75, 559 (2003); S. M. Carroll, Living Rev. Rel. 4, 1 (2001); V. Sahni and A. A. Starobinsky, Int. J. Mod. Phys. D 9, 373 (2000); J. R. Ellis, Phil. Trans. Roy. Soc. Lond. A 361, 2607 (2003).

[18] See e.g, H.Stefancic, astro-ph/0504518; Martin Sahlen et al., astro-ph/0506696; I.P. Neupane, Class.Quant.Grav.21,4383,(2004); A. DeBenedictis et al.,gr-qc/0402047; M. Axenides and K.Dimopoulos, hep-ph/0401238; Shin’ichi Nojiri, S. D. Odintsov, hep-th/0506212; hep-th/0408170; W.

Godlowski et al.,astro-ph/0309569; V. F. Cardone et al., Phys.Rev. D69, (2004), 083517; Xin-Zhou Li et al.,Int.J.Mod.Phys.A18,5921,(2003); P. F. Gonzalez-Diaz, Phys. Lett. B 562, 1 (2003); S. Sen and T. R. Seshadri, Int. J. Mod. Phys. D 12, 445 (2003); M.C. Bento et al.,, astro-ph/0407239; C. Rubano and P. Scudellaro, Gen. Rel. Grav. 34, 307 (2002); S. A. Bludman and M. Roos, Phys. Rev. D 65, 043503 (2002); R. de Ritis and A. A. Marino, Phys. Rev. D 64, 083509 (2001); A. de la Macorra and G. Piccinelli, Phys. Rev. D 61, 123503 (2000); L. A. Urena-Lopez and T. Matos, Phys. Rev. D 62, 081302 (2000); T. Barreiro et al.,, Phys. Rev. D 61, 127301 (2000); B.Ratra, P.J.E. Peebles, Phys.Rev.D37, 3406,(1988).

[19] L. P. Chimento and A. Feinstein, Mod. Phys. Lett. A 19, 761 (2004); R. J. Scherrer, Phys.Rev.Lett.

93 (2004) 011301; P. F. Gonzalez-Diaz,hep-th/0408225; L. P. Chimento,Phys.Rev.D69:123517,(2004); O.Bertolami, astro-ph/0403310; R.Lazkoz, gr-qc/0410019 J.S. Alcaniz, J.A.S. Lima, astro-ph/0308465; M. Malquarti et al., Phys. Rev. D 67, 123503 (2003); T. Chiba,Phys. Rev. D 66, 063514 (2002); C. Armendariz-Picon et al., Phys. Rev. D 63, 103510 (2001).

[20] T. Padmanabhan, Phys. Rev. D 66, 021301 (2002) [hep-th/0204150].

[21] J. M. Aguirregabiria and R. Lazkoz, hep-th/0402190; Harvendra Singh, hep-th/0508101; A. Das et al.,astro-ph/0505509; I.Ya.Aref’eva, astro-ph/0410443; I.Ya. Aref’eva et al.,astro-ph/0505605; C. Kim et al., hep-th/0404242; R. Herrera et al.,astro-ph/0404086; A. Ghodsi and A.E.Mosaffa,hep-th/0408015; D.J. Liu and X.Z.Li, astro-ph/0402063; V. Gorini et al.,, Phys.Rev. D69 (2004) 123512; M. Sami et al., Pramana 62, (2004), 765; D.A. Steer,Phys.Rev.D70, 043527,(2004); L.Raul, Phys.Lett.B575, 165 (2003); L. Frederic, A. W. Peet, JHEP 0304, (2003); J. S. Bagla et al., Phys. Rev. D 67, 063504 (2003) [astro-ph/0212198]; M. Sami,Mod.Phys.Lett.A18, 691,(2003); C. j. Kim et al., Phys. Lett. B 552, 111 (2003); V. Gorini et al.,hep-th/0311111; T. Padmanabhan and T. R. Choudhury, Phys. Rev. D 66, 081301 (2002) [hep-th/0205055]; G. Shiu and I. Wasserman, Phys. Lett. B 541, 6 (2002); D. Choudhury et al., Phys. Lett. B 544, 231 (2002); A. V. Frolov et al., Phys. Lett. B 545, 8 (2002); G. W. Gibbons, Phys. Lett. B 537, 1 (2002).

[22] G.F.R. Ellis and M.S.Madsen, Class.Quan.Grav., 8, 667 (1991); also see F.E. Schunck, E. W. Mielke, Phys.Rev.D50, 4794 (1994).

[23] There is extensive literature on different paradigms for solving the cosmological constant problem, like e.g., those based on QFT in CST: E. Elizalde and S.D. Odintsov, (1994), Phys.Lett. B321 199; B333 331; I.L. Shapiro and J. Sola (2000) Phys.Lett. B475 236; J.V. Lindesay, H.P. Noyes, astro-ph/0508450; Shi Qi,hep-th/0505109; quantum cosmological considerations: T. Mongan, (2001), Gen. Rel. Grav., 33 1415 [gr-qc/0103021]; Gen.Rel.Grav. 35 (2003) 685; E. Baum, Phys. Letts. B 133, (1983) 185; T. Padmanabhan, Phys. Letts. , (1984), A104, 196; S.W. Hawking, Phys. Letts. B 134, (1984) 403; Coleman, S., Nucl. Phys. B 310 (1988) 643; holographic dark energy: Yungui Gong, Yuan-Zhong Zhang, hep-th/0505175; astro-ph/0502262; hep-th/0412218; those based on renormalization group and running coupling constants: Ilya L. Shapiro, J. Sola, JHEP, 006 (2002) hep-ph/0012227; hep-ph/0305279; astro-ph/0401015; J.Sola and H.Stefancic, astro-ph/0505133; Ilya L. Shapiro et al.,hep-ph/0410095; F. Bauer, Class.Quant.Grav.,22,3533 (2005) and many more.

[24] T. Padmanabhan (2004) [gr-qc/0409089].

[25] This model has a long history; for a sample of references, see: A. Einstein, Siz. Preuss. Acad. Scis. (1919), translated as ”Do Gravitational Fields Play an essential Role in the Structure of Elementary Particles of Matter,” in The Principle of Relativity, by edited by A. Einstein et al. (Dover, New York, 1952); J. J. van der Bij et al., Physica A116, 307 (1982); F. Wilczek, Phys. Rep. 104, 111 (1984); A. Zee, in High Energy Physics, proceedings of the 20th Annual Orbis Scientiae, Coral Gables, (1983), edited by B. Kursunoglu, S. C. Mintz, and A. Perlmutter (Plenum, New York, 1985); W. Buchmuller and N. Dragon, Phys.Lett. B207, 292, 1988; W.G. Unruh, Phys.Rev. D 40 1048 (1989).

[26] As far as I know, this relation was first discussed in an unpublished work by D.Lynden-Bell and I in 1994 and is given as an exercise in my book Cosmology and astrophysics - through problems (Cambridge university press, 1996) p. 170; p. 325. Later I exploited it to obtain gravity in ref. [27]. It is surprising such a relation went unexplored for nearly eight decades!

[27] T. Padmanabhan, Int.Jour.Mod.Phys D (in press)[gr-qc/0510015]; Brazilian Jour.Phys. (Special Issue) 35, 362 (2005) [gr-qc/0412068]; Gen.Rel.Grav., 35, 2097 (2003); ibid.,34 2029 (2002) [gr-qc/0205090].

[28] A. D. Sakharov, Sov. Phys. Dokl., 12, 1040 (1968); T. Jacobson, Phys. Rev. Lett. 75, 1260 (1995); T. Padmanabhan, Mod. Phys. Lett. A17, 1147 (2002) [hep-th/0205278]; 18, 2903 (2003) [hep-th/0302068]; Class.Quan.Grav., 21, 4485 (2004) [gr-qc/0308070]; G.E. Volovik, Phys.Rept., 351, 195-348,(2001); G. E. Volovik, The universe in a helium droplet, (Oxford University Press, 2003); B.L. Hu, gr-qc/0503067 and references therein.

[29] A.D. Dolgov, in The very early universe: Proceeding of the 1982 Nuffield Workshop at Cambridge, ed.

G.W. Gibbons, S.W. Hawking and S.T.C. Sikkos (Cambridge University Press), (1982), p. 449; S.M. Barr, Phys. Rev. D 36, (1987) 1691; Ford, L.H., Phys. Rev. D 35, (1987), 2339; Hebecker A. and C. Wetterich, (2000), Phy. Rev. Lett., 85 3339; hep-ph/0105315; T.P. Singh, T. Padmanabhan, Int. Jour. Mod. Phys. A 3, (1988), 1593; M. Sami, T. Padmanabhan, (2003) Phys. Rev. D 67, 083509 [hep-th/0212317].

[30] H. S. Snyder Phys. Rev., 71, 38 (1947); B. S. DeWitt, Phys. Rev. Lett., 13, 114 (1964); T. Yoneya Prog.

Theor. Phys., 56, 1310 (1976); T. Padmanabhan Ann. Phys. (N.Y.), 165, 38 (1985); Class. Quantum Grav. 4, L107 (1987); A. Ashtekar et al., Phys. Rev. Lett., 69, 237 (1992 ); T. Padmanabhan Phys. Rev. Lett. 78, 1854 (1997)[hep-th/9608182]; ibid., 81 , 4297 (1998) [hep-th/9801015]; Phys. Rev. D57, 6206 (1998); ibid.,59, 124012 (1999) [hep-th-9801138]; K.Srinivasan et al., Phys. Rev. D. , 58 044009 (1998) [gr-qc/9710104]; M. Fontanini et al. hep-th/0509090. For a review, see L.J. Garay, Int. J. Mod. Phys. A10, 145 (1995).

[31] G. W. Gibbons and S.W. Hawking, Phys. Rev. D 15, (1977) 2738; T.Padmanabhan, Mod.Phys.Letts., A 17, 923 (2002) [gr-qc/0202078]; Class. Quant. Grav., 19, 5387 (2002) [gr-qc/0204019]; Mod.Phys.Letts. A 19, 2637 (2004) [gr-qc/0405072]; For a recent review see e.g., T. Padmanabhan, Phys. Reports, 406, 49 (2005) [gr-qc/0311036].

[32] T.Padmanabhan (2004) Lecture given at the Plumian 300 - The Quest for a Concordance Cosmology and Beyond meeting at Institute of Astronomy, Cambridge, July 04.

[33] J.D. Bjorken, (2004) astro-ph/0404233.

[34] Y.B. Zel’dovich, JETP letters 6, 316 (1967); Soviet Physics Uspekhi 11, 381 (1968). [35] T. Padmanabhan, Class.Quan.Grav., 19, L167 (2002) [gr-qc/0204020]; Int.Jour.Mod.Phys.D, 13, 2293 (2004) [gr-qc/0408051]; for an earlier attempt, see D. Sorkin, (1997), Int.J.Theor.Phys. 36, (1997), 2759- 2781; for an alternative view see, Volovik, G. E., gr-qc/0405012.

[36] W.G. Unruh, (1976), Phys. Rev.,D14, 870; B.S. DeWitt, in General Relativity: An Einstein Centenary Survey, pp 680-745 Cambridge University Press, (1979),ed., S.W. Hawking and W. Israel; T. Padmanabhan,Class. Quan. Grav. , (1985), 2 , 117; L. Sriramkumar and T. Padmanabhan , Int. Jour. Mod. Phys. D 11,1 (2002) [gr-qc-9903054] [37] T. Padmanabhan and T.P. Singh, Class. Quan. Grav., (1987), 4 , 1397. [38] T. Padmanabhan, Class.Quan.Grav.,22, L107, (2005) [hep-th/0406060] [39] L. Bombelli et al.,Phys. Rev. D34, 373 (1986); M. Srednicki, Phys. Rev. Lett. 71, 666 (1993); R. Brustein et al., Phys. Rev. D65, 105013 (2002); A. Yarom, R. Brustein, hep-th/0401081. This result can also be obtained from those in ref. [37].