arXiv:hep-th/0101002 30 Dec 2000

Dec 2000 OU-HET 375

BPS Vortices in Brane-Antibrane Effective Theory

Takao Suyama^1

Department of Physics, Graduate School of Science, Osaka University, Toyonaka, Osaka, 560-0043, Japan

Abstract

We investigate an action which resembles the effective action of brane-antibrane system derived from boundary string field theory. We find that the action has smooth vortex solutions which saturate the Bogomol’nyi bound.

1e-mail address : suyama@funpth.phys.sci.osaka-u.ac.jp

1 Introduction

The study of tachyon condensation [1] provides us many insights into the off-shell dynamics of string theory. It has been established that open string tachyon is stabilized by acquiring a nonzero vev. As a result of this condensation, an unstable D-brane system decays into the vacuum. The occurrence of this phenomenon is shown by calculating the tachyon potential by using string field theory (SFT) [2] or boundary string field theory (B-SFT) [3]. In addition, the notion of the D-brane charge is refined by regarding the D-brane as a remnant of the decay. The study of the unstable D-brane system leads us to introduce K-theory into string theory [4].

Suppose that the effective field theory of the unstable D-brane system is known. Then the action should have nontrivial solutions which describe a lower dimensional D-brane system. So it is expected that the effective theory can be used to describe various D-brane systems as classical solutions of the theory.

The unstable D-brane system can also decay into a BPS D-brane system. For example, Dp-D̄p system can decay into a D(p−2)-brane. Therefore the effective theory of the braneantibrane system should have a BPS vortex solution corresponding to the D(p−2)-brane. So the search for such solution is an interesting check for the validity of the action of the effective theory.

Recently, the effective action of the brane-antibrane system is derived by using B-SFT [5]. The leading order terms in the derivative expansion are the followings,

S_{p−p̄} = 2τ_9 ∫ d^{10}x e^{−2πα0|T |2} [ 1 + 8πα^′ log 2|D_μT |^2 + (2πα^′)^2 8 (F^+_{μν} )^2 +

(2πα^′)^2 8 (F^−_{μν})^2 + β 8 (α^′)^2|T |^2(F^+_{μν} − F^−_{μν})^2 ] , (1.1)

where F^+_{μν} is the field strength of the gauge field A^+_μ on the D-brane and F^−_{μν} is the one on the D̄-brane. The covariant derivative of the tachyon field T is defined as

D_μT = ∂_μT − i(A^+_μ − A^−_μ )T. (1.2)

There is another progress on the configuration of T and A^±_μ [6]. It is shown from the worldsheet analysis that T must be holomorphic on the associated line bundle in order to preserve worldsheet supersymmetry, i.e.

D_āT = 0, (1.3)

where a is an index for the complex coordinates. So this implies that one of the vortex equation is (1.3).

In this paper we will investigate an action which resembles the above action (1.1) and find a set of BPS solutions with smooth behavior, which corresponds to codimension two D-branes. It seems natural to identify these solutions with BPS D-branes since they saturate the Bogomol’nyi bound. It should be noted that these solutions are, in fact, not the classical solutions of the action (1.1). They are the solutions of the action with slightly different potential. This can be explained as follows. The exact vortex solution would depend on higher derivative terms which we will omit throughout this paper. So the action (1.1) not necessarily has BPS vortex solutions. It is nonetheless interesting that an action with nontrivial metric in kinetic terms and a run-away potential has regular BPS vortex solutions.

This paper is organized as follows. In section 2 we will review our previous work on a description of BPS D-brane systems [7]. We will discuss an action which resembles the action (1.1) in section 3 and find a set of first order equations. The properties of the solution are investigated in section 4.

2 BPS D-branes as vortices

In this section, we will review our previous work [7] and show a description of BPS Dbrane systems. We consider the effective field theory of D9-D̄9 system. The bosonic part consisting of terms which are leading order in α^′ is the following [8], S_{boson} = 1 g^2_{Y M} ∫ d^{10}x [ − 1 4 F_{μν} F^{μν} − |D_μT |^2 − 1 2 (|T |^2 − ζ)^2 ] , (2.1)

where D_μT = ∂_μT − iA_μT . The gauge field A_μ corresponds to a linear combination A^+_μ − A^−_μ of the gauge fields in the action (1.1). We will find BPS solutions of this action and show the correspondence to the BPS D-brane systems.

It should be noted that when one considers the leading terms in the derivative expansion, each kinetic term would have a nontrivial metric. These metrics are important when one discusses the dynamics around the vacuum configuration [9]. On the other hand, for the discussion of the D-brane these metrics are not so important since the worldvolume of the D-brane corresponds to the zero set of T . Around T = 0 the metrics do not vanish and can be approximated by constants. So we expect that the worldvolume of the D-brane system can be described, at least qualitatively, by a solution of the action (2.1).

The action (2.1) has BPS solutions satisfying the following equations.

D_āT = 0, F_ā¯_b = 0 (2.2) −ig^{ab̄}F_a¯_b + |T |^2 − ζ = 0 (2.3)

We have introduced the complex coordinates

z^a = x^{2a−1} + ix^{2a} (2.4)

and a, b = 1, · · · , n. The case n = 1 corresponds to the Nielsen-Olesen vortex equations [10]. The cases n = 2, 3 describe intersecting branes each of which has codimension two.

The BPS equations (2.2)(2.3) are well-studied when they are defined on a compact Kähler manifold M [11]. There is one-to-one correspondence between the set of solutions of the BPS equations and the set of holomorphic sections T of the line bundles on M. The zero set of T is an effective divisor of M, so the solutions describe various BPS D-brane systems wrapped on the divisor of M [12]. Thus this description can apply to multiple branes and intersecting branes as well as a single brane.

3 BPS equations

In this section we will discuss a more general action. S = − 1 g^2_{Y M} ∫ d^{10}x [ e^{−a|T |2}|D_μT |^2 + 1 4 e^{−b|T |2} (1 + c|T |^2)F_{μν} F^{μν} + V (T ) ] (3.1)

We assume that a, b, c are positive constants. As will be shown below, for special form of V (T ) this action has BPS solutions which satisfy a set of first order equations.

We will look for the solutions which depends only on two spatial coordinates, say, x^1 and x^2. The energy density of the solution is as follows, E = 1 g^2_{Y M} ∫ d^2x [ e^{−a|T |2} |D_αT |^2 + 1 4 e^{−b|T |2} (1 + c|T |^2)F_{αβ}F_{αβ} + V (T ) ] , (3.2)

where α, β = 1, 2.

The following identity holds. e^{−a|T |2}|D_αT |^2 = e^{−a|T |2}|D_1T + iD_2T |^2 − 1 a ( e^{−a|T |2} − 1 ) F_{12} + i a ϵ_{αβ}∂_α { (e^{−a|T |2} − 1) D_β T T } (3.3)

This identity is proved in Appendix A. Therefore the energy density (3.2) can be rewritten as E = 1 g^2_{Y M} ∫ d^2x e^{−a|T |2}|D_1T + D_2T |^2 + 1 2 e^{−b|T |2} (1 + c|T |^2) ( F_{12} − 1 a e^{−(a−b)|T |2} 1 + c|T |^2 )_2

+ 1 a F_{12} + i a ϵ_{αβ}∂_α { (e^{−a|T |2} − 1) D_βT T } +V (T ) − 1 2a^2 e^{−(2a−b)|T |2} 1 + c|T |^2 ] . (3.4)

So when the potential takes the following form

V (T ) = 1 2a^2 e^{−(2a−b)|T |2} 1 + c|T |^2 , (3.5) one can find a set of first order equations

D_1T + iD_2T = 0, (3.6)

F_{12} − 1 a e^{−(a−b)|T |2} 1 + c|T |^2 = 0, (3.7)

whose solutions saturates the Bogomol’nyi bound. As will be shown in the next section, the energy density of the BPS solution is quantized.

An interesting case in relation to the brane-antibrane system is the case a = b. In this case the action (3.1) resembles the one derived from the B-SFT [3], and has BPS solutions which satisfy

D_1T + iD_2T = 0, (3.8)

F_{12} − 1 a(1 + c|T |^2)

= 0. (3.9)

4 Properties of the solutions

We will focus on the case a = b. Equation (3.8) can be solved by parametrizing T and A_α as follows.

T = ρ^{12} e^{iω} (4.1)

A_1 = 1 2 ∂_2 log ρ + ∂_1ω (4.2)

A_2 = − 1 2 ∂_1 log ρ + ∂_2ω (4.3)

Another equation (3.9) is rewritten as − 1 2 Δ log ρ = 1 a(1 + cρ) . (4.4)

We will take the polar coordinates (r, θ) and look for radially symmetric solutions. If ρ does not depend on the angle variable θ, equation (4.4) is − 1 2 [ d^2 dr^2 + 1 r d dr ] log ρ = 1 a(1 + cρ) . (4.5)

It is convenient to make a change of variables

u = log ρ, t = log r. (4.6)

Then equation (4.5) is a bit simplified.

d^2u dt^2 = − 2 a e^{−2t} 1 + ce^u (4.7)

We have to specify the boundary condition of the solution to solve the equation (4.7). From the form of the potential, one can see that the minima of the potential correspond to |T | → ∞. So we have to impose u → +∞ at infinity (t → +∞) for a localized solution. On the other hand, the core of the solution (r = 0) should correspond to |T | = 0, so u → −∞ as t → −∞. The asymptotic behavior of the solution can be derived from equation (4.7), u ∼ { 2At (t → +∞), 2nt (t → −∞), (4.8)

where A ≥ 1 and n is a positive integer. So there exist solutions which satisfy the desired boundary condition. The form of a solution is shown in fig.1,2. For details see Appendix B. There is one exceptional case; n = 1. Since^{d2u}_{dt2} < 0 everywhere, the coefficient A is restricted so that A < n. So in the case n = 1 there is no solution with the desired boundary behavior.

The energy density of the solution is E = 1 g^2_{Y M} a ∫ d^2x [ F_{12} + iϵ_{αβ}∂_α { (e^{−a|T |2} − 1) D_βT T } ] . (4.9)

Since |T | → ∞ at infinity, E is finite. In fact, E = 1 g^2_{Y M} a lim_{R→∞} ∫ S1R dx^α [ A_α + i(e^{−a|T |2} − 1) D_αT T ]

= 1 g^2_{Y M} a lim_{R→∞} ∫ S1R dx^α [ A_α − i D_αT T ]

= 1 g^2_{Y M} a lim_{R→∞} ∫ S1R dx^α [ − i 2 ∂_α log ρ + ∂_αω ]

= 1 g^2_{Y M} a [ 2πn − iA lim_{R→∞} ∫ S1R dx^α x^α r^2 ]

= 2π g^2_{Y M} a n, (4.10)

where S^1_R denotes a circle with radius R. Therefore E is positive and quantized. So the BPS solutions are stable which is appropriate for the correspondence to the BPS D-branes.

As shown above, there are stable solutions labelled by n. However the flux is not quantized and depends on the behavior of T at infinity. So it is hard to interpret the flux as the number of codimension two branes. It would be rather appropriate for equations

(3.8)(3.9) to be defined on a compact surface. Then the flux is automatically quantized. Since the second term in (4.9) vanishes, the energy density is still quantized and the solutions are stable. It is very interesting to show the existence of the solutions on the compact surface.

Acknowledgements

I would like to thank H. Itoyama, H. Kawai and T. Matsuo for valuable discussions. This work is supported in part by JSPS Reseach Fellowships.

Figure 1: u vs. t for the case n = 10.

Figure 2: ρ vs. r.

Appendices

A Proof of the identity

One can easily see that |T |^{2k}|D_αT |^2 = |T |^{2k}|D_1T + D_2T |^2 − i|T |^{2k}ϵ_{αβ}D_αT^†D_βT. (A.1) The second term in the RHS is rewritten as, − i|T |^{2k}ϵ_{αβ}D_αT^†D_βT = ik|T |^{2k}ϵ_{αβ}D_αT^†D_βT + 1 2 |T |^{2k}ϵ_{αβ}|T |^2F_{αβ} −i∂_α ( |T |^{2k}ϵ_{αβ}T^†D_βT ) . (A.2)

Thus − i|T |^{2k}ϵ_{αβ}D_αT^†D_βT = 1 2(k + 1) |T |^{2(k+1)}ϵ_{αβ}F_{αβ} −i∂_α ( 1 k + 1 |T |^{2k}ϵ_{αβ}T^†D_βT ) . (A.3)

This identity can be used to prove the identity (3.3). e^{−a|T |2}|D_αT |^2 = e^{−a|T |2}|D_1T + iD_2T |^2 − i ∞∑ k=0 (−a)^k k! |T |^{2k}ϵ_{αβ}D_αT^†D_βT = e^{−a|T |2}|D_1T + iD_2T |^2 + 1 2 ∞∑ k=0 (−a)^k (k + 1)! |T |^{2(k+1)}ϵ_{αβ}F_{αβ} −i∂_α (_∞ ∑ k=0 (−a)^k (k + 1)! |T |^{2k}ϵ_{αβ}T^†D_βT )

= e^{−a|T |2}|D_1T + iD_2T |^2 − 1 2a ( e^{−a|T |2} − 1 ) ϵ_{αβ}F_{αβ} + i a ϵ_{αβ}∂_α { (e^{−a|T |2} − 1) D_β T T } (A.4)

B Asymptotic behavior of the solutions

Solving equations (3.8)(3.9) is reduced to solving the equation d^2u dt^2 = − 2 a e^{2t} 1 + ce^u . (B.1)

First consider the region u → −∞. Then e^u in the RHS can be neglected and the solution behaves as u ∼ − 1 2a e^{2t} + Ct + D. (B.2)

So u is linear in t at t → −∞. This means that ρ behaves as

ρ ∼ r^C (B.3)

near the origin. The regularity and the single-valuedness of the solution require that ω = nθ, C = 2n. (B.4) Next consider the region u → +∞. In this region equation (B.1) is

d^2u dt^2 = − 2 ac e^{2t−u}. (B.5)

One can easily integrate this equation and obtains ( dv dt )_2 = 4 ac e^{−v} + ξ, (B.6)

where v = u − 2t and ξ is an integration constant. This equation can be solved exactly,

e^{−u+2t} = acξe^− √_{ξ(t−t0)} (1 − e^− √_{ξ(t−t0)} )^{−2}, (ξ > 0) ac(t − t_0)^{−2}, (ξ = 0) −^{ξac}_4 sec^2 √_{|ξ|} 2 (t − t_0), (ξ < 0)

(B.7)

where t_0 is another integration constant. The solution for ξ < 0 is singular and this is not appropriate for the asymptotic solution. The other solutions behave at t → +∞ as

u ∼ (2 + √ ξ)t. (B.8)

Therefore u is also linear in t at t → +∞ although its slope is restricted.

References

[1] A.Sen, Stable Non-BPS Bound States of BPS D-branes, JHEP 9808 (1998) 010, hepth/9805019; SO(32) Spinors of Type I and Other Solitons on Brane-Antibrane Pair, JHEP 9809 (1998) 023, hep-th/9808141.

[2] A.Sen, Universality of the Tachyon Potential, JHEP 9912 (1999) 027, hepth/9911116;

A.Sen, B.Zwiebach, Tachyon Condensation in String Field Theory, JHEP 0003 (2000) 002, hep-th/9912249 ;

W.Taylor, D-brane Effective Field Theory from String Field Theory, Nucl. Phys. B585 (2000) 171, hep-th/0001201;

N.Moeller, W.Taylor, Level Truncation and the Tachyon in Open Bosonic String Field Theory, Nucl. Phys. B583 (2000) 105, hep-th/0002237;

J.Harvey, P.Kraus, D-Branes as Unstable Lumps in Bosonic Open String Field Theory, JHEP 0004 (2000) 012,hep-th/0002117;

R.de Mello Koch, A.Jevicki, M.Mihailescu, R.Tatar, Lumps and P-branes in Open String Field Theory, Phys. Lett. B482 (2000) 249, hep-th/0003031; N.Berkovits, The Tachyon Potential in Open Neveu-Schwarz String Field Theory, JHEP 0004 (2000) 022, hep-th/0001084;

N.Berkovits, A.Sen, B.Zwiebach, Tachyon Condensation in Superstring Field Theory, Nucl. Phys. B587 (2000) 147, hep-th/0002211;

P.De Smet, J.Raeymaekers, Level Four Approximation to the Tachyon Potential in Superstring Field Theory, JHEP 0005 (2000) 051, hep-th/0003220; N.Moeller, A.Sen, B.Zwiebach, D-branes as Tachyon Lumps in String Field Theory, JHEP 0008 (2000) 039, hep-th/0005036;

A.Iqbal, A.Naqvi, Tachyon Condensation on a non-BPS D-brane, hep-th/0004015.

[3] E.Witten, On Background Independent Open String Theory, Phys. Rev. D46 (1992) 5467, hep-th/9208027; Some Computations in Background Independent Open-String Field Theory, Phys. Rev. D47 (1993) 3405, hep-th/9210065;

A.Gerasimov, S.Shatashvili, On Exact Tachyon Potential in Open String Field Theory, JHEP 0010 (2000) 034, hep-th/0009103;

D.Kutasov, M.Marino, G.Moore, Some Exact Results on Tachyon Condensation in String Field Theory, JHEP 0010 (2000) 045, hep-th/0009148.

[4] E.Witten, D-Branes And K-Theory, JHEP 9812 (1998) 019, hep-th/9810188.

[5] P.Kraus, F.Larsen, Boundary String Field Theory of the DDbar System, hepth/0012198;

T.Takayanagi, S.Terashima, T.Uesugi, Brane-Antibrane Action from Boundary String Field Theory, hep-th/0012210.

[6] K.Hori, Linear Models of Supersymmetric D-Branes, hep-th/0012179.

[7] T.Suyama, Description of Intersecting Branes via Tachyon Condensation, Phys. Lett.

B488 (2000) 83, hep-th/0006052; BPS D-branes after Tachyon Condensation, hepth/0008242.

[8] I.Pesando, On the Effective Potential of the Dp- anti Dp system in Type II Theories, Mod. Phys. Lett. A14 (1999) 1545;

M.Alishahiha, H.Ita, Y.Oz, On Superconnections and the Tachyon Effective Action, hep-th/0012222.

[9] G.Gibbons, K.Hori, P.Yi, String Fluid from Unstable D-branes, hep-th/0009061;

A.Sen, Fundamental Strings in Open String Theory at the Tachyonic Vacuum, hepth/0010240.

[10] H.Nielsen, P.Olesen, Vortex Line Models for Dual Strings, Nucl. Phys. B61 (1973) 45; H.de Vega, F.Schaposnik, Classical Vortex Solution of the Abelian Higgs Model, Phys. Rev. D14 (1976) 1100;

E.Weinberg, Multivortex Solutions of the Ginzburg-Landau Equations, Phys. Rev. D19 (1979) 3008;

C.Taubes, Arbitrary N-Vortex Solutions to the First Order Ginzburg-Landau Equations, Comm. Math. Phys. 72 (1980) 277.

[11] O.Garcia-Prada, Invariant Connections and Vortices, Comm. Math. Phys. 156 (1993) 527.

[12] K.Becker, M.Becker, A.Strominger, Fivebranes, Membranes and Non-Perturbative String Theory, Nucl. Phys. B456 (1995) 130, hep-th/9507158;

M.Bershadsky, V.Sadov, C.Vafa, D-Branes and Topological Field Theories, Nucl. Phys. B463 (1996) 420, hep-th/9511222;

H.Ooguri, Y.Oz, Z.Yin, D-Branes on Calabi-Yau Spaces and Their Mirrors, Nucl. Phys. B477 (1996) 407, hep-th/9606112.