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We propose general principles to construct two-dimensional (2D) single-atom-thick carbon allotropes. They can be
viewed as the generalization of patterning Stone–Walse defects (SWDs) by manipulating bond rotation and of patterning
inverse SWDs by adding (or removing) carbon pairs on the pristine graphene, respectively. With these principles, numerous
2D allotropes of carbon can be systematically constructed. Using 20 constructed 2D allotropes as prototypical and bench-
mark examples, besides nicely reproducing all well-known ones, such as pentaheptites, T-graphene, OPGs, etc, we still
discover 13 new allotropes. Their structural, thermodynamic, dynamical, and electronic properties are calculated by means
of first-principles calculations. All these allotropes are metastable in energy compared with that of graphene and, except for
OPG-A and C3-10-H allotropes, the other phonon spectra of 18 selected allotropes are dynamically stable. In particular, the
proposed C3-11 allotrope is energetically favorable than graphene when the temperature is increased up to 1043 K accord-
ing to the derived free energies. The electronic band structures demonstrate that (i) the C3-8 allotrope is a semiconductor
with an indirect DFT band gap of 1.04 eV, (ii) another unusual allotrope is C3-12 which exhibits a highly flat band just
crossing the Fermi level, (iii) four allotropes are Dirac semimetals with the appearance of Dirac cones at the Fermi level
in the lattices without hexagonal symmetry, and (vi) without the spin–orbit coupling (SOC) effect, the hexagonal C3-11
allotrope exhibits two Dirac cones at K and K′ points in its Brillouin zone in similarity with graphene.
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1. Introduction
The experimental realization of graphene has stimu-

lated tremendous research activities on this fascinating two-
dimensional (2D) one-atom-thick material[1–13] because of its
revolutionary impacts to future industry in many fields, such as
energy storages,[15–18] solar cells[19,20] nanoelectronics,[21,22]

as well as superconductor.[23–25] Nevertheless, these various
applications require versatile and controllable properties upon
modifications of the graphene.

Within this context, many two-dimensional single-atom-
thick carbon allotropes, called graphene allotropes (GAs),
have been proposed. Even before the graphene was confirmed
experimentally, one already paid much attention to 2D carbon
allotropes. As early as in 1987, some graphynes were the-
oretically suggested[26] and they were recently demonstrated
in details to exhibit the direction-dependent Dirac cones
through first-principles calculations.[27,28] In 1994, some
other 2D carbon networks were designed for the conjugated-
circuit computations.[31] In 1996, one of those proposed 2D
networks,[31] later called pentaheptite,[32] composed of pen-

tagons and heptagons, was theoretically claimed to be a metal
but with covalent carbon bonds. Just one year later, a 2D net-C
structure, composed of the 4+ 6+ 8 membered rings of car-
bon, was proposed,[33] while in 2000 the Haeckelite structures
containing 5+ 6+ 7 membered rings of carbons were further
presented.[34] Most recently, it was shown that the family of
the 5+6+7 membered rings of carbon harbors distorted Dirac
cones.[35]

Since graphene was confirmed experimentally,[1,2] the
search and study of new GAs was spurred again. Through
various nano-engineering defects on the pristine graphene,
a class of memberanic carbon allotropes, named dimerite,
were conceived.[36,38] Subsequently, based on the defect pat-
terns some 2D carbon allotropes have been proposed,[39]

such as octite-SC (5+6+8 membered rings),[40] T-graphene
(4 + 8 membered rings),[41] two OPGs (5 + 8 membered
rings),[44] tetrahexcarbon,[92] C10,[93] and net-W (4 + 6 + 8
membered rings).[45] In addition, using high-throughput struc-
tural searching codes (e.g., CALYPSO[46] and USPEX[47]),
numerous GAs (e.g., S- and T-graphene) have also been
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constructed.[35,48] Recently, a new allotrope with only pen-
tagons, called penta-graphene,[49,50] was proposed. Although
many different GAs have been reported, there is still lack of a
simple and systematic route to effectively seek structural can-
didates.

Physically, a fascinating property of graphene is the pres-
ence of Dirac cones at the Fermi level. Therefore, the low-
energy excitations in graphene are massless Dirac fermions.
This peculiar quasiparticle is responsible for many exotic phe-
nomena observed in graphene, for examples, fractional quan-
tum Hall effect[3,14] and ultrahigh carrier mobility.[51] In con-
nection with similar massless Dirac fermions in graphene, it
is another frontier of topological Dirac semimetals most in
3D bulk materials, such as Na3Bi and Cd3As2 families,[52–54]

and of topological Dirac nodal line semimetals featured by a
closed curve by band crossing in analogy with a closed ring
formed by Dirac cones, found both in pure metals[55,58,74]

and a series of interesting compounds.[56–70] They also ex-
hibit 3D Dirac cones around the Fermi level, inducing exotic
properties.[71–78] However, very few 2D Dirac materials are
known (see Ref. [79] for a review). The reason is that Dirac
cones are topologically protected and robust against perturba-
tions, thus, cannot be obtained by fine tuning the Hamiltonian
parameters. This makes discovery of 2D Dirac materials a
nontrivial task.

In this paper, we propose general schemes of altering
the carbon structure on the pristine graphene. The first one
is to implement bond rotation operation, which is a gener-
alization of patterning Stone–Walse defects (SWDs) on the
pristine graphene. The second scheme is adding (remov-
ing) carbon pairs. This can be viewed as a generalization of
patterning inverse SWDs (iSWDs) on the pristine graphene.
Based on these two general schemes, we construct numer-
ous 2D carbon networks, including many well-known ones
such as pentaheptites,[32] pentahexoctite,[42] T-graphene,[41]

OPGs,[44] and so on.[29,43] Moreover, we report many new
structures with combinations of other types of membered
rings. For these new structures, the formation energies are
found to be higher than that of graphene within 1.2 eV per car-
bon atom. Therefore, they are thermodynamically metastable.
However, most of these structures are dynamically stable, due
to the absence of imaginary modes in their phonon spectra.
Two structures are dynamically metastable. The electronic
band structures show that their exhibit various conducting be-
haviors ranging from metallic, semimetallic to semiconduct-
ing. Interestingly, there are four new GAs with massless Fermi
fermions due to the presence of Dirac cones at the Fermi
level. The C3-11 structure with hexagonal symmetry exhibits
an isotropic linear dispersion near K (K′) point, which mim-
ics the case in graphene. The other three new GAs without
hexagonal symmetry have anisotropic linear low-energy exci-

tations. These results dispute the long-standing belief that the
presence of Dirac cones in graphene is related to its hexagonal
symmetry. Our results show that the 2D carbon system is a
fertile ground for searching for Dirac materials.

2. Two constructing schemes
It is well-known that there are two fundamental defects on

graphene: the SWD[37] and the iSWD.[38] The formation of a
SWD can be understood by rotating the interior carbon–carbon
bond in a diamond unit grouped by four adjacent hexagons
(Fig. 1(a)). An iSWD can be formed by adding two extra car-
bon atoms onto the centering hexagon of the basic unit com-
posed by three line-up hexagons (Fig. 1(b)). As early as 1990s,
patterning SWD on pristine graphene was demonstrated to
be an efficient method to construct 2D planar networks.[36,38]

These two defects correspond to two basic operations: the
bond rotation and the addition of extra atoms. Note that in a
SWD each bond rotation operation transforms four hexagons
into two pentagons and two heptagons. But, in an iSWD
the addition of the extra two atoms transforms three line-up
hexagons into two pentagons and two heptagons.

(a)

(b)

(c)

(d)

Fig. 1. (a) A SWD is formed by rotating the interior bond of a diamond
unit. (b) An iSWD is formed by adding two extra atoms onto the paral-
lel bond pair. By adding two extra atoms to the 2nd and 1st bond pairs,
a 4-atom ring in (c) and a 3-atom ring in (d) are formed, respectively.

Here, we propose the first scheme by allowing perform-
ing bond rotation on four adjacent any membered carbon rings.
The effect of this operation is to extend the two adjacent rings
by one atom (i.e., from N1- and N2-membered to N1 + 1- and
N2 + 1-membered rings) while shrink the non-adjacent two
rings by one (i.e., from M1- and M2-membered to M1 − 1-
and M2−1-membered rings). A SWD is a special case where
the bond rotation is performed on four adjacent hexagons (i.e.,
N1 = N2 = M1 = M2 = 6).

There are six carbon–carbon bonds in a hexagon on the
pristine graphene. These six bonds form three types of bond
pairs: 1) two bonds (of 120◦) that share a carbon atom, 2)
two bonds (of 60◦) that are connected by another carbon bond,

037306-2



Chin. Phys. B Vol. 29, No. 3 (2020) 037306

3) two bonds (of 0◦) that are parallel to each other. An
iSWD is formed when two extra carbon atoms are added to
the third kind of bond pair (see Fig. 1(b)). We propose a sec-
ond scheme by allowing adding/removing extra carbon atoms
to/from different locations. Two additional examples are given
in Figs. 1(c) and 1(d), where two extra carbon atoms are added
to the 2nd and 1st kind bond pairs, respectively. By exploiting
these two general schemes, numerous 2D carbon networks can
be systematically constructed. In brief, these two schemes can
be described as follows:
The first scheme: A SWD is formed by performing bond rota-
tion on four six-membered rings. The first scheme generalizes
this to allow performing bond rotation on four any-membered
rings.
The second scheme: An iSWD is formed by adding two ex-
tra atoms to a specific location on the hexagon. The second
scheme is to allow adding extra atoms to many different loca-
tions.

3. Methods
We perform first-principles calculations based on den-

sity functional theory with generalized gradient approxi-
mation (GGA) in the form of Perdew–Burke–Ernzerhof[81]

exchange–correlation functional. All the calculations are per-
formed using Vienna ab initio simulation package (VASP)[82]

with projector augmented wave method (PAW).[83] The vac-
uum slabs of 15 Å are chosen to avoid interactions between
adjacent carbon layers. A self-consistent field method (tol-
erance 10−5 eV/atom) is employed in conjunction with the
plane-wave basis sets of cutoff energy of 600 eV to obtain very
accurate results. Geometry optimization is implemented until
the remanent Hellmann–Feynman forces on each ion are less
than 0.001 eV/Å. We use a Γ -centered k point mesh to sample
the Brillouin zone (BZ) for the structures with hexagonal unit
cells. For other unit cells, we use the Γ -centered Monkhorst–
Pack k point mesh.[84] Phonon spectra are obtained using the
finite displacement method. A 4× 4× 1 supercell is used for
the calculation of the phonon spectra to make sure that the
force constants are sufficiently collected. The free energies
as a function of temperature are calculated by using phonon
dispersion within the quasiharmonic approximation. All the
phonon spectra, vibrational density of states (DOS), and free
energy are calculated using Phonopy package.[85]

4. Results and discussion
4.1. Construction of GAs

The 4+8 membered rings. On pentaheptites, we ap-
ply bond rotation upon the interior bond of an iSWD unit
whose boundaries are defined by the yellow bonds in Figs. 2(b)
and 2(c). Then the two pentagons are both declined to four

membered rings (C4), whereas the two remaining heptagons
are extended to octagons (C8). Assuming that bond rota-
tions are simultaneously performed on all iSWDs patterns on
pentaheptite-I or pentaheptite-II, the so-called T-graphene[41]

(Fig. 3(d)) can be constructed, which features combinations of
C4 and C8.

The 3+9 membered rings. There are no common bonds
between any two C4 rings on T-graphene, one can not obtain
a 3+ 9 membered ring straightforwardly. However, through
clever design, it is still possible. One realization is presented
in Fig. 2(d). By rotating the red bonds on T-graphene, a
structure with 3+ 9 membered rings can be constructed (see
Fig. 2(e)).[31,43] Throughout this transformation, the final re-
sult is that each C8 is transferred to a C9 by increasing one
atom, while all C4 are reduced to C3 by subtracting one atom.
Note that a C8 ring is effected by nearby three bond rotations,
two of which each increases the C8 ring by one atom. The
other one decreases the C8 ring by one atom. Therefore, the
final result is to extend C8 to a C9. Certainly, one may pro-
ceed along this route to continue creating other 2D allotropes
by reducing C3 to acetylenic C2 linkages (–C=C–). Then nu-
merous graphynes also can be constructed.[27–30]

The 5+8 membered rings. Geometrically, graphene can
be divided by other types of diamonds combinations. For
instance, we consider the cases where two neighboring dia-
monds commonly share a hexagon as illustrated in Figs. 3(a)
(an armchair ribbon with line-up arrangement of diamonds)
and 3(b) (a zigzag ribbon with zigzag arrangement of dia-
monds), respectively. Using these arrangements, after rotat-
ing the interior red bonds of every diamond, every commonly
shared hexagon is extended to an octagon and non-sharing
hexagons are shrink to pentagons. We obtain two different rib-
bons (one with armchair edge and one with zigzag edge) com-
posed of pentagons and octagons. By repeating these ribbons
along vertical directions, a class of allotropes, called OPGs,
can be constructed. From Fig. 2(a), one unique OPG (OPG-
L[44] in Fig. 2(f)) can be created. By translating the basic rib-
bon in Fig. 2(b), two geometrically inequivalent OPGs (OPG-
Z[44] in Fig. 2(g) and OPG-A in Fig. 2(h)) can be constructed.
One can create other OPGs by simply employing more ribbons
as the repeating units.

The 4+10 and 3+12 membered rings. Based on OPG-
L and OPG-Z, 4+ 10 membered rings can be constructed by
rotating the common bonds of two adjacent pentagons. Fig-
ures 2(i) and 2(j) present two simplest C4-10-I and C4-10-
II structures obtained by rotating the red bonds in Figs. 2(f)
and 2(g). We note that from OPG-L, many geometrical in-
equivalent C4-10 allotropes can be constructed depending on
which common bonds of the neighbor pentagons are to be ro-
tated. This is because in OPG-L, the pentagons are lined up
forming a pentagon ribbon. There are many ways to choose
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the rotated common bonds to extend the neighbor C8 to C10.
While in OPG-Z, the pentagons are zigzag arranged to form
a pentagon ribbon, and in OPG-A, four pentagons are sur-
rounded by six octagons. Furthermore, rotating the common
bond of two neighboring C4 rings in C4-10-I (the red bonds
in Fig. 2(i)) and C4-10-II (the red bonds in Fig. 2(j)) yields a

unique hexagonal C3-12 in Fig. 2(k), which is composed of
3+ 12 membered rings. Up to now, we find that the SWD
can be used to change the structure from orthorhombic lattice
to hexagonal lattice, such as from T-graphene to C3-9-H and
from C4-10-II to C3-12, which is closely associated with the
hexagonal graphene and four bonds used in the SWD method.

(a) graphene (b) pentaheptite I (c) pentaheptite II (d) T graphene

(e) C3 9 H (f) OPG L (g) OPG Z (h) OPG A

(i) C4 10 I (j) C4 10 II (k) C3 12 (l) C4 7

(m) C4 8 R (n) C4 12 (o) C3 7 (p) C3 8

(q) C3 9 R (r) C3 10 H (s) C3 10 R (t) C3 11
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Fig. 2. The optimized structures of graphene allotropes. The yellow bonds in (a)–(c), (f), (g), (i), (j) define the boundary of building blocks.
The red bonds are to be rotated in order to construct new structures (see the context). The red carbon atoms in (l)–(n) denote the extra ones.
The red carbon atoms in (e), (k), (o)–(t) mark the differences with triangle units. The dashed blue lines mark the primitive cells.

The 4+7, 4+8, and 4+12 membered rings. It is heuristic
to compare the geometries among graphene, T-graphene, C4-
10-I, and C4-10-II. By removing two common carbon atoms
of adjacent C4 rings in the C4-10-I or C4-10-II structures, two
adjacent C4 rings decrease to one. This eventually yields T-
graphene. On the other hand, the pristine graphene can be
recovered by removing two carbon atoms of each C4 ring on
T-graphene. The above observations demonstrate the useful-
ness of our second scheme in connecting the known structures.
We now show that it is also very useful in constructing new
structures. For instance, by adding extra carbon pairs (the red

atoms in Fig. 2(l)) on graphene as illustrated in Fig. 1(c), a
2D allotrope (called C4-7) composed of C4 and C7 rings is
constructed in Fig. 2(l). By removing carbon pairs in every
two C4 cycles in T-graphene, the net-W and net-C structures
containing 4+ 6+ 8 membered rings can be constructed, as
reported in Ref. [45]. On the net-W allotrope, adding carbon
pairs (the red atoms in Fig. 2(m)) results in an orthotropic C4-
8-R structure composed of C4 and C8 in Fig. 2(m). Similarly,
another C4-12 structure in Fig. 2(n) containing C4 and C12
rings can easily be constructed from C4-10-I (the red atoms
mark the differences).

037306-4



Chin. Phys. B Vol. 29, No. 3 (2020) 037306

The 3+7, 3+8, 3+9, 3+10, and 3+11 membered rings.
We compare the structures of pristine graphene (Fig. 2(a)), C3-
9-H (Fig. 2(e)), and C3-12 (Fig. 2(i)). They all have hexagonal
symmetry. Furthermore, they exhibit close geometrical rele-
vance. The C3-12 structure can be constructed via replacing
all carbon atoms (i.e., A-sublattice and B-sublattice) by trian-
gle units following the scheme in Fig. 1(d). The C3-9-H struc-
ture emerges by replacing half carbon atoms (i.e., A-sublattice
or B-sublattice) by triangular units. Inspired by this observa-
tion, we can choose different carbon atoms to be replaced by
triangle units. For instance, by replacing every common atom
of three adjacent hexagons with triangular units (this trans-
forms the three adjacent hexagons C6 to heptagons C7) on
graphene, numerous C3-7 allotropes can be constructed. Dif-
ferent C3-7 structures correspond to different patterns of tri-
angular diamonds (a three-adjacent-hexagon unit is called a
triangular diamond ) on graphene. Figure 2(o) shows the sim-
plest C3-7 allotrope with the smallest unit cell. Similarly, we
can also construct C3-8 in Fig. 2(p), C3-9-R in Fig. 2(q), C3-
10-H in Fig. 2(r), C3-10-R in Fig. 2(s), and C3-11 in Fig. 2(t).
They can be obtained by replacing partial atoms on graphene
by triangle units. In other words, they can be obtained by re-
placing triangle units in C3-12 with carbon atoms. In short,
they are intermediate cases between graphene and C3-12.

Up till now, we are only looking for new GAs with two
types of rings (i.e., 5+ 7, 4+ 8, 3+ 9, 5+ 8, 4+ 7, 4+ 10,
3 + 11, 3 + 12). If more types of rings (i.e., 5 + 6 + 7,
4+6+8, etc.) are further taken into consideration, the family
of 2D GAs will be significantly enlarged. Following our two
schemes, it can be easily done.

4.2. Properties

Energetic stabilities. We perform first-principles cal-
culations on some selected structures considered here. Our
main results are summarized in Table 1. It can be seen
that the optimized lattice constants and formation energies of
graphene, pentaheptites (I and II), T-graphene, OPG-L, OPG-
Z, C4-7, and C3-9 are well consistent with previous reported
values.[29,41,43–45] There are two allotropes (T-graphene and
C4-7) crystallizing in square unit cells and seven in hexago-
nal unit cells, as illustrated in Fig. 3. In particular, graphene
has the smallest hexagonal unit cell with two carbon atoms.
The pentaheptite-II and C3-11 allotropes contain 16 carbon
atoms in their primitive unit cells. We notice that those struc-
tures with the same types of carbon membered rings but dif-
ferent patterns have relatively comparable formation energies.
For instance, the energy difference at the ground state be-
tween pentaheptite-I and II phases is only 0.01 eV per car-
bon atom. Similar trend can been seen for OPG-L and OPG-
Z (0.04 eV/carbon), C4-10-I and C4-10-II (0.03 eV/carbon),
and C3-10-H and C3-10-R (0.03 eV/carbon). In particular, the

formation energy of the OPG-A is much higher than that of
both OPG-L and OPG-Z mainly due to that the density of the
pentagons in the OPG-A is more accumulated (corresponding
to a higher stain energy). The calculations also demonstrate
that, as expected, graphene (ideal hexagons) exhibits the low-
est formation energy. In fact, we also see a general way that
with introducing the distorted 5+ 7, 4+ 8, and 3+ 9 mem-
bered rings in the ideal hexagons, the resultant structures be-
come energetically less and less stable. This fact is apparently
because the deformation energy costing for the introduction of
the 5+ 7 rings is lower than that of the 4+ 8 rings with re-
spect to the ideal hexagons and similarly, the energy cost for
the 3 + 9 rings is higher than them. It is the key origin as
to why the formation energy goes down in the sequence from
graphene (−9.23 eV), pentaheptite-I (−8.99 eV), T-graphene
(−8.71 eV) to C3-9 (−8.54 eV) allotropes, as evidenced in Ta-
ble 1. Interestingly, following this sequence we also see that
their densities become slighter and slighter as their enthalpies
go less and less stable.

(a)

(b)

5

5

5

55

5

5

5

8 88 8 8

5

5

555

5 55

8

8

8

8

Fig. 3. (a) An armchair ribbon with line-up diamonds. (b) A zigzag
ribbon with zigzag arranged diamonds. The dashed cycles denote dia-
monds. Two neighbor diamonds share one hexagon. By rotating the in-
terior red bonds of all diamonds, the sharing hexagons become octagons
(8) and the non-sharing hexagons become pentagons (5). Finally, two
strips of pentagons and octagons are constructed.

Vibrational stabilities. In order to study the dynamic
stabilities of these selected graphene allotropes, we calculate
the corresponding phonon dispersions and vibrational density
of state at ambient pressure in Fig. 4. It can be seen that the
phonon spectra of the graphene, T-graphene, OPG-L, OPG-
Z, C4-7, and C3-9-H allotropes are in nice agreement with
previous studies.[29,41,43–45] Except for OPG-A and C3-10-R
structures, all other structures are dynamically stable because
all their branches in the whole BZ region exhibit positive fre-
quencies without any imaginary modes. These results imply
that these allotropes are quenchable at ambient pressure con-
ditions, once they are synthesized. It is emphasized that, due
to their quite soft ZA mode, pentaheptite-II, C4-12, C3-8, C3-
10-R, and C3-11 are probably unstable in the long wavelength
limit,[87] which indicates that these five allotropes are sensitive
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to both tensile and compressive strains. In this sense, it is cru-
cial to choose the right substrate to grow these five allotropes.
Furthermore, given the importance of thermodynamical prop-
erties of 2D materials under finite temperatures, it is necessary
to evaluate the free energy as a function of temperature. The
free energy of crystal at a given volume is the sum of the static
total energy and the vibrational free energy. Here, the static to-
tal energy at a given temperature can be obtained by fitting the
curve to the third order Birch–Murnaghan equation of state.
The vibrational free energy can be obtained from phonon
spectra based on quasi harmonic approximation (QHA) as

Fvib = rNAkBT
∫

∞

0 dνg(ν) ln [2sinh(hν/2kBT )], where r is the
number of degrees of freedom in the unit cell and NA is Avo-
gadro’s constant. Finally, we derive the free energy as a func-
tion of temperature (see Fig. 5). In the temperature range from
0 K to 1000 K, the graphene has the lowest free energies as
compared with other allotropes and the mechanical unstable
C3-9-R is the least stable thermodynamically, as well. Be-
cause using quasi-harmonic approximation above the Debye
temperature is questionable, we calculate the in-plane Debye
temperature of all structures by a modified 3D Debye temper-
ature code (MechElastic[86]), as shown in Table 1.
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Fig. 4. Phonon spectra and vibrational density of states (VDOS) of graphene allotropes. Two of them ((h) OPG-A and (r) C3-10-H) show
imaginary modes.
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Table 1. The 2D space group (2sg), Pearson symbol (Ps), optimized DFT lattice constants a, b, angle γ , atom density per area ρ (in atom/Å2),
and the formation energy E (in eV/atom) of the selected 2D graphene allotropes. Z counts the number of atoms in the unit cells. Eg is the
band gap for semimetals and semiconductors. Y and N in the dynamic column mean dynamically stable and unstable, respectively. ΘD is the
in-plane Debye temperature.

No. Name Ps 2sg Z a/Å b/Å γ/(◦) ρ E Eg Dynamic ΘD/K Ref.
1 Graphene hP2 p6m 2 2.47 2.47 120 2.63 –9.23 0.00 Y 2149 [29]
2 Pentaheptite-I oC8 cm 8 4.75 4.75 76.2 2.74 –8.99 – Y 2029 [29]
3 Pentaheptite-II oP16 pgg 16 9.17 4.76 90 2.73 –9.00 – Y 1971 [29]
4 T-graphene tP4 p4m 4 3.44 3.44 90 2.97 –8.71 – Y 1726 [41]
5 C3-9-H hP4 p3m1 4 3.84 3.84 120 3.20 –8.54 – Y 1557 [43]
6 OPG-L oC6 cmm 6 4.91 4.91 44.1 2.79 –8.92 – Y 1949 [44]
7 OPG-Z oP12 omg 12 6.91 4.87 90 2.80 –8.88 0.00 Y 1934 [44]
8 OPG-A oC12 cmm 12 6.93 6.93 132.9 2.94 –8.44 – N –
9 C4-10-I oC6 cmm 6 4.61 4.61 114.8 3.21 –8.28 0.00 Y 1628
10 C4-10-II oP12 pmg 12 8.51 4.60 90 3.26 –8.25 0.00 Y 1558
11 C3-12 hP6 p6m 6 5.19 5.19 120 3.89 –8.26 – Y 1086 [29]
12 C4-7 tP12 p4m 12 5.79 5.79 90 2.79 –8.80 – Y 1796 [43]
13 C4-8-R oP8 pmm 8 5.88 3.89 90 2.86 –8.38 – Y 1792
14 C4-12 tC8 cmm 8 5.87 5.87 130.3 3.29 –8.04 – Y 1510
15 C3-7 hP8 p31m 8 5.06 5.06 120 2.77 –8.37 – Y 1983
16 C3-8 hP10 p31m 10 5.79 5.79 120 2.91 –8.58 1.04 Y 1799
17 C3-9-R oC16 pgg 16 7.50 6.62 90 3.10 –8.46 0.00 Y 1559
18 C3-10-R tC14 cmm 14 7.34 7.34 121.6 3.28 -8.30 – Y -
19 C3-10-H hP14 p31m 14 7.33 7.33 120 3.33 –8.27 – N 1322
20 C3-11 hP16 p31m 16 8.13 8.13 120 3.57 –8.28 0.00 Y 1192
21 MoS2 hp3 p3m1 3 3.18 3.18 120 2.92 – 0.00 – 610
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Fig. 5. The free energy as a function of temperature for GAs. The
data for (h) OPG-A and (r) C3-10-H are missing because they are not
dynamically stable.

The Debye temperatures of graphene (2149 K) and MoS2

(610 K) are in good agreement with the values reported in
Refs. [95] (2100 K) and [94] (600 K). The effective thickness
of all the allotropes is 3.4 Å, which is the distance between
two graphite layers. And the bulk and shear moduli of these
allotropes are calculated by the isotropic modeling reported
in Ref. [80]. Our calculations reveal that the C-11, C3-10-
R, and pentaheptite-II allotropes become energetically more
favorable than graphene at high temperatures above 1060 K,
1100 K, and 1130 K, respectively. It may suggest the high-
temperature phase transformation of the graphene.

Electronic properties. The calculated electronic band
structures and the densities of states for all structures are pre-

sented in Fig. 6. These allotropes exhibit various electronic
behaviors ranging from metallic, semi-metallic to semicon-
ducting. The band gaps are also summarized in Table 1. The
obtained electronic band structures for graphene, pentaheptite-
I, T-graphene, OPG-L, OPG-Z, C3-9, C3-12, and C4-7 al-
lotropes are in accord with previous results.[34,41,43–45] Three
notable types can be obtained as follows.

1) Indirect-gap semiconductor of C3-8. Figure 6(p)
compiles the DFT electronic band structure of the C3-8 struc-
ture. It exhibits an indirect band gap with the minimum
band gap between high-symmetry points K and M as large as
1.04 eV. This value is an order of magnitude larger than the
DFT-predicted gap of the octite SC, which can also be created
by pattern defects on graphene.[40] Because the accurate band
gap is important to the application of a semiconductor, we fur-
ther calculate the band gap of C3-8 by employing the nonlo-
cal HSE06 hybrid functional. As shown in Fig. 6(p), the blue
bands along K–M high symmetry line are the HSE06 bands.
We obtain a 1.50 eV band gap of C3-8, which is much larger
(by 0.83 eV) than that of anisotropic-cyclicgraphene.[91]

2) Dirac semimetals of OPG-Z, C4-10-I, C4-10-II, and
C3-9-R. The DFT calculations demonstrate that these four
structures of OPG-Z, C4-10-I, C4-10-II, and C3-9-R are Dirac
semimetals. As illustrated in Fig. 6, their linear band dis-
persions crossing the Fermi level at which a zero electronic
density of states appears, indicating that they are the Dirac
semimetals with the occurrence of massless Dirac cones. We
will not discuss the OPG-Z structure because our DFT elec-
tronic band structure is in good agreement with the previous
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reported result.[44] For these three new Dirac semimetals, we
further plot the band structure near the Dirac points in Fig. 7 to
show the low-energy spectra clearer. At the Fermi level, C4-
10-I, C4-10-II, and C3-9-R exhibit anisotropic Dirac cones at
positions (0.021, 0.021), (0.0, 0.023), and (0.0, 0.273), respec-
tively (the positions are in units of reciprocal vectors). In par-
ticular, for C4-10-I, the slopes of the Dirac cone are −9 eVÅ
and +29 eVÅ when approaching the Dirac point from Γ to
Q(0.352,0.352). For C4-10-II, the slopes are −17 eVÅ and
+39 eVÅ when approaching from Γ to Y (0.0,0.5). While
for C3-9-R, the slopes are 15 eVÅ and −44 eVÅ when ap-

proaching from Γ to Y (0.0,0.5). Of course, the distortion of
the anisotropic Dirac cones with different slopes indicates that
the electronic properties, notably conductivities, depend on di-
rections. DFT + SOC calculations show that the SOC has no
visible effects on the electronic band structures.

3) Isotropic Dirac cones. The C3-11 structure exhibits
two isotropic Dirac cones at K and K′ in the hexagonal BZ (see
Fig. 7(d), which is very similar to those of graphene. Their
slopes are ±12 eVÅ, which is about 1/3 of that of graphene
(±34 eVÅ). This means that the Dirac fermions in C3-11 have
smaller Fermi velocities than those in graphene.
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Fig. 7. Band structures near the Dirac points for (a) C4-10-I, (b) C4-10-
II, (c) C3-9-R, and (d) C3-11. The positions of Λ are (a) (0.021, 0.021),
(b) (0.0, 0.023), and (c) (0.0, 0.273). (e) and (f) The 3D visualized elec-
tronic band structures of C4-10-I and C3-9-R to highlight the shapes of
the Dirac cones around the Fermi level.

5. Summary
We propose two general constructing schemes of altering

carbon structure on graphene. We demonstrate their useful-
ness by constructing numerous 2D carbon structures. We then
study the structural, thermodynamic, dynamic, and electronic
properties of these structures. They are all metastable com-
pared to graphene owing to higher formation energies. Two of
them ((h) OPG-A and (r) C3-10-H) are dynamically unstable,
all other structures are dynamically stable. We have found one
semiconductor (C3-8) and four new semimetals (C4-10-I, C4-
10-II, C3-9-R, C3-11). C3-11 has isotropic Dirac cones. The
other three have anisotropic Dirac cones.

In 2012, Malko et al.[27] found Dirac cones in a 2D car-

bon system with a rectangular unit cell. Our findings further
dispute the suggestion that Dirac cones in graphene are related
to its hexagonal symmetry. Indeed, out of 20 simple structures
we studied, 4 new and stable structures show band crossing at
the Fermi level accompanied with a vanishing electronic den-
sity. Three of them do not have a hexagonal unit cell. It shows
that Dirac cones in 2D carbon systems are more common than
what we previously thought.[35,48,79] Our results show that 2D
carbon system is a fertile ground for searching for 2D Dirac
materials.

It would be of great interest to experimentally realize
these artificial two-dimensional carbon systems. The possible
experimental methods include nano-scale defect-engineering
on pristine graphene[36,38] and epitaxial or chemical vapor de-
position on a substrate.[89,90]
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