arXiv:physics/0702113v4 [physics.gen-ph] 1 Nov 2008

A cyclic universe with colour fields

V. N. Yershov

Mullard Space Science Laboratory (University College London), Holmbury St.Mary, Dorking RH5 6NT, UK vny@mssl.ucl.ac.uk

Abstract

The topology of the universe is discussed in relation to the singularity problem. We explore the possibility that the initial state of the universe might have had a structure with 3-Klein bottle topology, which would lead to a model of a nonsingular oscillating (cyclic) universe with a welldefined boundary condition. The same topology is assumed to be intrinsic to the nature of the hypothetical primitive constituents of matter (usually called preons) giving rise to the observed variety of elementary particles. Some phenomenological implications of this approach are also discussed. PACS: 02.40.-k, 04.20.Dw, 11.15.Kc, 11.30.Na, 12.10.Dm, 12.60.Rc, 98.80.Bp. Keywords: cyclic universe; singularity; composite particles; preons; tripolar fields.

1 Introduction

During the past few years the old idea of a cyclic universe [1] has regained new ground following a series of publications by Steinhardt and Turok [2] describing a model based on 10-dimensional colliding branes. This model surmounts the hurdles of the previous cyclic-universe models, such as the problem of growing entropy [3] and the lack of a realistic physical mechanism for the rebounding of the oscillating universe after each collapse [4]. That is why the Steinhardt-Turok model has attracted much attention [5]. However, it requires the universe to have at least ten spatial dimensions, which is not yet confirmed by observational evidence. Here we shall return to a three-dimensional cyclic-universe model, in which the distinction between matter and space is abandoned, as was proposed by Wheeler [6] and some other authors [7]. That is, we shall regard the matter particles as stable configuration patterns of a moving manifold (space), assuming that the notion of geometry is dynamical and that the properties of matter are underlied by the geometry of spacetime, which is the approach accepted by many authors [8].

The main purpose of this paper is to show that the origin of the observed variety of particle species might be related to the global properties of spacetime and that the dynamics of the universe as a whole might be determined by the properties of the basic building blocks of matter. We shall focus mainly on the topological aspects of the problem, gaining insight into the nature of the cosmological singularity by hypothesising that the initial state of the universe might have had a structure with 3-Klein bottle topology. We also expect this approach to shed light on the singularity problem related to microscopic and macroscopic objects, such as elementary particles and collapsed stars.

Astronomical observations provide strong evidence that compact objects with sufficiently large masses for contraction into black holes do exist in nature [9], e.g., in compact binary systems with calculable masses of the components where a few dozens of low-mass (4 to 20 solar masses) black hole candidates were found [10], in ultra-luminous compact X-ray sources [11] whose luminosities exceed the Eddington luminosity of a 100-solar-mass object, and in galactic nuclei [12] where the physical processes and the dynamics of stars near the nuclei indicate that the masses of the central objects exceed 10^6 solar masses [13] All this suggests thus that black holes may exist as real physical objects (see the reviews [14] and references therein). The singularities theorems [15] require black holes to have singularities. There exists also observational evidence [17] suggesting that our universe in the past was contracted to a very small volume, which is regarded by the standard cosmological model as an indication that the universe could be born from a singularity. On the other hand, singularities could, in principle, be avoided by relaxing the conditions required by the singularities theorems [16]. For example, within the classical framework of Einstein–Cartan theory [18], torsion contributing to the energy–momentum tensor leads to an effective negative pressure and eliminates the singularity. Yet, most physicists believe that general relativity is incomplete because it ignores quantum effects and that it has to be replaced with another theory (quantum gravity) to deal with singularities [19]. Then the singularity must be “smeared” by quantum fluctuations [20]. But still there are some hints that this might not be the case: specially organised astronomical observations [21] detect no quantum fluctuations in vacuum which are needed to smear the singularity. It has also been indicated in the literature [22] that the effects of quantum gravity, which have had 10^{10} years to act on the gamma-ray burst photons, should completely randomise the polarisation of these photons, contrary to what is observed [23].

Following these clues, we shall explore here the possibility that general relativity can be valid up to a near the Planck-length scale, which would correspond to the ideas developed by Markov [24] and others [25] about the existence of an upper bound on spacetime curvature. Implementing this idea, we shall replace a singularity with a topological feature of the manifold (see, e.g., the discussion of this issue by Ellis [26]). We assume that such a replacement is possible because non-singular solutions to the Einstein field equations are known to exist. They include, in particular, a nonsingular topological feature known as the Einstein-Rosen bridge [27], as well as some solitonic solutions with scalar fields used for modelling particles [28], the false-vacuum bubbles [29], Chern-Simon vortices [30] and Falaco solitons [31]. There are many models that consider topological features as particles or systems of interacting particles [32]. We shall assume here that such systems can, indeed, be related to the internal structures of elementary particles (the fundamental fermions). In other words, we shall treat these particles as composite entities.

The evidence of the compositeness of the fundamental fermions is mostly indirect: it can be seen in the triplication of their species, classified by the standard model of particle physics in three generations with almost identical properties except for the hierarchical pattern of their masses and mixings [33]. Historically it is known that patterns in particle properties were always related to some underlying structures. There exists also some experimental (albeit inconclusive) evidence of quark compositeness, which comes from proton-proton and positron-proton scattering experiments [34]. These experiments show that the probability of particle scattering for the most energetic collisions (above 200 GeV) is significantly higher than that predicted by current theoretical models. The experiments with quark-quark scattering by the Collider Detector at Fermilab (CDF group) [35] also showed evidence for substructure within the quark. Even though the later measurements made by the D0 collaboration [36] did not confirm the excess of the scattering probability for high energy jets, the results of all these experiments, taken in the context of the observed pattern of quark properties, make a strong point in favour of quark compositeness. Perhaps the difficulties with detecting the scattering probability excess could be attributed to the inaccessibility of the compositeness scale, which must correspond to 10^2 to 10^3 TeV or larger, according to the estimations based on the observed anomalous magnetic moments of leptons [37].

Most of the existing composite models describe each quark and lepton as a combination of three simpler entities called preons [38]. In the preon model of Salam and Pati [39] a quark or lepton contains one of the three preon types called “somons” that determines its generation, one of two “flavons” that determines its flavour and electric charge, and one of four “chromons” that determines its colour and modifies its electric charge. Somons are electrically neutral and colourless. Flavons have electric charges of either +1/2 or -1/2 of the electron’s charge and are colourless. Chromons that are red, green, or blue have a charge of +1/6, while the colourless chromon has a charge of -1/2. The possible combination of 3 × 2 × 4 preons gives all the 48 quarks and leptons with their appropriate generations, colours, and charges, but the choice of the preon quantum numbers for this model remained unexplained.

A more congruous version of the preon model is the rishon model of Harari and Seidberg [40], which describes all particles in a particular generation as three-particle combinations of “rishons”. There are two rishon types, each type having three possible colours and hypercolours, with generations as excited states of the three-rishon system, so that the rishon model uses only 2 preons and their antimatter counterparts to generate the 48 quarks and leptons.

Yet another model with only two kinds of preons is the trion model proposed by Raitio [41] describing the first generation of quarks and leptons as three-body combinations of preons with colour and sub-colour charges besides the usual electric charge. Raitio makes use of the idea that preons must be of the minimal possible size and maximal possible mass (calling them “maxons”), which resemble in a sense Markov’s primitive particles called ”maximons” [42]. In a more recent preon model proposed by Bilson-Thompson, Markopoulou and Smolin [43], which was likely inspired by the more general topological theory developed in 1999 by Khovanov [44], the fundamental fermions appear as invariant states corresponding to the braidings of manifolds with genus 3, each of the possible braidings having been identified with a standard model particle. This model is quite different from the other preon models by representing preons as extended objects with complicated topology arising from spacetime dynamics. But using multiple-genus manifolds for this purpose is actually equivalent to using multiple basic entities for the construction of the standard model particles because the genus number is not emerging naturally from the model but has to be chosen such as to generate the appropriate variety of the standard model particles. This idea has been used in a newer topological preon model by Mongan [45] who has combined Bilson-Thompson’s wrappings with the holographic principle and represented the fundamental fermions as being formed of three distinguishable preon strands bound by non-local three-body interactions.

Despite the evidence of the compositeness of the fundamental fermions, the preon models remain unpopular, mainly because these models face numerous problems, one of which is the problem of the preon mass. From scattering experiments it is known that the hypothetical compositeness scale corresponds to the distances smaller than 10^{−18} m. The momentum uncertainty of a particle confined within the region of this size is about 200 GeV, which is much larger than the masses of the first family quarks. This difficulty can be overcome by postulating a new force, which would be many orders of magnitude stronger than the known strong force. This would add a considerable complication to the standard model, but with such a hyperforce the preons would be tightly bound inside a quark, and the energy from their large momentum would be cancelled by their large mass defect (binding energy). This approach is quite promising, and here we shall adhere to it, disregarding the fact that so far none of the previous attempts to use it for the explanation of the quark and lepton properties has succeeded.

Not only does the mass problem make the composite models of fermions unpopular, but also the fact that these models face grave problems with gauge anomalies and diverging energies on small scales [46]. Gauge anomalies (undesirable symmetry breaking) appear to be due to unavoidable approximations in (perturbative) models based on quantum field theory. Here we shall avoid this problem by using a general relativistic (classical) platform, for the classical fields are known to be intrinsically anomaly-free.

The main difference between the model to be presented here and the other preon-based models is that here we shall go all the way down in reducing the number of primitive particle types. As we have already mentioned, all of the previous composite models explain the observed variety of elementary particles by different combinations of a certain number of preon types, reduced with respect to the number of the fundamental types in the standard model [47]. However, it is plain to see that even this reduced number cannot solve the problem. It is not worthwhile replacing one variety of the basic entities with another, if the origin of these new varieties remains unexplained. Only a model based on a single entity would make any sense, which is what we are going to propose here. Namely, we suggest that there should be a single preon type, having no flavours, spins or any other quantum numbers, and carrying only the electric and colour charges. That is, the preons in our model will be represented by unit charges with the SU(3)×U(1)-symmetry of their fields.

Our model will differ from the other preon-based models by yet another aspect: within its framework it will be possible to analyse preon dynamics, whereas the authors of previous models acknowledge the lack of dynamics as one of the major drawbacks in their models. Even in the case of the Bilson-Thompson’s preons, emerging from the quantum dynamics of spacetime, the authors admit that the effective lowenergy preon dynamics is unknown because it is completely decoupled from the underlying spacetime dynamics [43]. In our view, it is the preon dynamics that is crucial for understanding the properties of the standard model particles. By not going beyond simple combinatorial considerations one would never be able to uncover the origin of, for example, particle magnetic moments. And most of the previous preon models do not address this important property of the fundamental fermions.

We shall outline the proposed approach in the next two sections. Then, in Sections 4 and 5, we shall demonstrate the functionality of this model by presenting a few simple examples of preonic bound states. In Section 6 we shall comment on some possibilities of experimental verification of our model, and in Section 7 we shall discuss some implications of this approach in connection with the problems of cosmological singularity and oscillating universe models.

2 Primitive particle

Consider a spinning 3-manifold (e.g. a sphere), S ∈ {S^3}, of radius R_S ∈ (−∞, +∞) formed of a massless elastic fluid – a collection of worldlines of test particles. The rotation of S corresponds to a 4-velocity u of the fluid in all possible directions through each point of the spatial slice of the manifold (for a discussion of spinning 3-manifolds see, e.g., [48]). Let the manifold be punctured, S → S\{0}, that is, containing a point-like discontinuity σ, which we shall use to represent a singularity (Fig.1) and which we shall regard as a primitive particle that has no properties except for the property of possessing a charge (inflow or outflow of test particles, as indicated by arrows in Fig.1).

Fig. 1: A point-like discontinuity σ on a (locally flat) 3-manifold S with the boundaries of S labelled as AB and ab. The inflow (left) or outflow (right) of test particles is regarded as a charge of σ.

Given a compact control surface C on S (C ∈ S^2) with no singularities in its interior, the inflow through this surface should be equal to the outflow (Fig.2), which is the usual flow conservation condition. In the case of a singularity σ enveloped by C, either inflow or outflow vanishes, which is not consistent with the conservation principle. To restore consistency, the flow should be sent back to S, which can be done through the boundaries by identifying ab with AB:

Fig. 2: Worldlines of flow particles AA^′, BB^′ (no singularity) and Aa, Bb (entering a singularity σ wrapped with a control 2-sphere C). In the latter case the flow is not conserved.

a → A b → B (1)

or by crisscrossing them: a A ↗↘ b B (2) The resulting shape is a hypertorus T^3 (for the first case), or the Klein bottle K^3 (for the case with the crisscrossed boundaries), which are known to be reasonable simple manifolds for cosmological models [49]. This restores the integrity of the flow and replaces the discontinuity at the point σ by a topological feature – the central opening (“throat”) of the hypertorus or the Klein bottle. The inflow (outflow) Q through this object is still not accounted for, but the total flow of the system is conserved. As we have already mentioned in Section 1, such a topological feature corresponds to the non-singular particle-like solution of Einstein’s equations describing the Einstein-Rosen bridge (wormhole) whose properties have been studied by many authors [50]. It is worthwhile mentioning the analytic solution obtained recently by Shatskii, Kardashev and Novikov [51], which describes an infinite number of wormhole-connected spherical universes. This structure is interpreted by its authors as a multitude of simultaneously existing independent worlds (a multiverse) emerging from quantum vacuum in different regions of the spacetime manifold. From the viewpoint of the colour-preon model this solution corresponds to a single universe containing an infinite number of dynamically interacting topological features (primitive particles).

3 The field of the primitive particle

By regarding the described topological features of the manifold as primitive particles we have to assume the possibility of these particles interacting with each other; i.e., exercising a force on each other, which in our case is realised by fluid pressure and tension. The corresponding field, φ, can be defined in terms of the flow density through an arbitrary 2-surface C surrounding σ. Since the inflow / outflow of test particles is isotropic, this field is spherically symmetric and roughly inversely proportional to the squared distance between C and σ (for a discussion of the inverse-square law and scalar fields corresponding to solitonic objects see, e.g., [52] or [26]). However, it is topologically impossible to enclose the central opening (σ) of a 3-torus with an arbitrary 2-surface. Due to this problem, the definition of φ in our case has to be modified. Let C̃ be a 2-sphere of radius R_{C̃} ∈ (0, ∞) on S ∈ {T^3} or {K^3 } with its centre at σ (but not enveloping σ), as shown in Fig.3; namely, by sliding C̃ along S towards σ. The total flow

Fig. 3: The “throat” (topological feature) σ of a hypertorus T^3 or the Klein bottle K^3 and a control sphere C̃ ∈ S^2 placed at σ by sliding C̃ within S towards the topological feature.

Q̃ through C̃ is nil since σ is not enveloped by C̃. However, σ divides C̃ into two hemispheres, so that the flow Q̃ is split into two parts corresponding to the outermost and innermost hemispheres of C̃. By calculating the flow density at the innermost “1” and outermost “2” points of C̃ (Fig.3) one can resolve the field φ into two components:

φ(r) = φ_1(r) + φ_2(r), (3)

where r is the radial distance in spherical coordinates with the origin at σ. Although the flow-line density grows as R_{C̃} decreases, this density will have a minimum at the origin (or will even vanish in the case of a non-compact manifold) since the boundary of the origin σ is identified here with the outer (larger) circumference of the torus. The corresponding boundary condition (for a non-compact manifold) will be

φ_1(0) = φ_2(0) = 0. (4)

Then it follows that at some distance from σ the density of flow-lines must have a maximum, which would supposedly correspond to the upper bound of the manifold’s curvature. When changing R_{C̃} (say, from zero to a maximal value), the points “1” and “2” of C̃ take opposite paths on the manifold:

“1” : A → a “2” : a → A (5)

which would result in an asymmetry between the two components of the field; namely, φ_2(r) will grow from a minimum (zero) to some maximal value, then decaying again to a minimum at the end of the path of the point “2” (Fig. 4). The component φ_1(r) will uniformly grow for most of the path of “1”. Of course, eventually, at the end of this path φ_1 will decay to a minimum (zero). Then, the second boundary condition for a non-compact manifold will be

φ_1(∞) = φ_2(∞) = 0. (6)

One should also take into account torsion which, in the case of a 3-manifold, has three degrees of freedom [53], and which would lead to the nonlinear Ivanenko–Heisenberg equation [54] and nonabelian degrees of freedom. The corresponding field would have a topological quantum number – the colour analogy of helicity in fluid dynamics [55]. In the three-dimensional case there are six possible helical flow

Fig. 4: Two components, φ1 and φ2, of the equilibrium field corresponding to the innermost and outermost points of the control sphere C̃.

orientations, as distinct from, for instance, two-dimensional flow, with its bipolar vorticity and only four possible flow orientations [56]. Then, one can devise a force between primitive particles by regarding, for example, the vortex flow lines as electric currents [57] and calculating the Lorentz force between these currents. It follows that in the case of two like-charged (say, with inflows) primitive particles of opposite vorticities the force φ_1 between the flow lines is attractive and φ_2 is repulsive. If the particles have like-vorticities the force φ_1 will be repulsive.

This accords with the known pattern of attraction and repulsion between colour charges [58]: two like-charged but unlike-coloured particles are attracted, otherwise they repel. We can see that the colour pattern is readily understood in terms of flow vortices on a manifold with the T^3 or K^3 topology. The approximate antisymmetry of φ_1 and φ_2 in the vicinity of the origin implies that there should exist an equilibrium distance, r_∘ > 0, such that

φ_1(r_∘) = −φ_2(r_∘), (7)

in which case the fields cancel each other. This breaks the initial spherical symmetry of the field. For example, in the simplest case of a two-body system, the ground state is the dipole whose orientation in space determines a preferred direction. The symmetry of scale invariance will also be broken because the equilibrium distance, r_∘, fixes the preferred scale unit for any preon-based composite system.

4 The simplest bound states of colour preons

Let us consider some simple structures based on the fields (3) with the boundary conditions (4) and (6) and the equilibrium condition (7). The following functional form for the components of this field:

φ_1(r) = κ exp(−κr^{−1}) φ_2(r) = −φ^′_1(r) (8)

satisfies the conditions (4) and (7). It does not match the second boundary condition (6) but this does not matter for the cases with typical distances between particles of the order of a few units of r_∘. The basic field does not necessarily have to be of the simplest form (8). Its main feature (the capability of generating equilibrium particle configurations) could be derived from various physical considerations, including the geometry and shape of the manifold, as was shown in [59]. It is also possible to satisfy the boundary condition (6) by modifying the first component of the field in such a way as to nullify it at infinity, e.g., φ̃_1(r) = r^{−1}φ_1(r). (9)

Nevertheless, for short distances we can adopt the field (8) as a simple example to illustrate the functionality of our model. This field corresponds to the following potential:

V (r) = (1 − r) exp(−κr^{−1}) − Ei(−κr^{−1}). (10)

For simplicity (and to avoid any free parameters) the range coefficient κ can be set to unity. The coefficient κ = ±1 in (8) denotes the polarity of the field and must be chosen such as to reproduce the above pattern of long-range attraction and short-range repulsion between particles.

A field of this kind reveals a potential surface with multiple local minima leading to kinematic constraints of a topological nature. This is analogous to the cluster formation scheme in molecular dynamics

[60] with the only difference that here we have to deal with the tripolarity of the fields. These constraints determine a unique set of clusters, the simplest of which are dipoles and tripoles composed of, respectively, two and three colour-preons. Obviously, the dipoles are deficient in one colour, whereas the tripole fields are colourless at infinity and colour-polarised nearby, which allows axial (pole-to-pole) coupling of these structures into strings.

Fig. 5: Equilibrium potential V (r) corresponding to a colour-dipole system; (a) two like-charged particles with unlike colours; (b) the same but with like-coloured particles; (c) oppositely charged particles with like colours; and (d) oppositely charged particles with unlike colours.

The potential (10) is graphically shown in Fig. 5 a. This is a typical double-well potential, which is known to lead to chaotic oscillations and stochastic resonances [61]. In cosmology, it results in the formation of domain walls during the phase transitions in the early universe. This potential is also known to be self-calibrated; i.e., it establishes the length, time and energy scales by, respectively, the separation between wells, oscillation frequency in the inverted barrier and barrier height. We shall use the halfseparation between wells (the equilibrium distance, r_∘, corresponding to the minimum of the potential) as the basic unit length for this model. The speed unit, v_∘, is also intrinsic to the potential (10) in the sense that, given the initial energy, E_0, one can calculate the corresponding speed of a particle moving in this potential. For example, the speed of a two-preon system with the potential (10) is calculated as v(r) = √ 2(E_0 − V (r))/m̂, (11)

where m̂^{−1} = m^{−1}_1 + m^{−1}_2 is the reduced mass (m̂ =^1_2 since we use m_1 = m_2 = 1). By setting the energy E_0 to some level, say, to zero at r = r_{max} we can calculate the maximal speed, v_{max} = v(r_∘) ≈ 0.937v_∘, expressed in units defined by the amplitude and range coefficients of the function (8). This also establishes the time scale by defining a unit time interval, t_∘, such that v_∘t_∘ = r_∘, as well as the other necessary units, like, e.g., the unit of angular momentum, L_∘, which would correspond to a preon of unit mass, m_∘, moving with unit speed, v_∘, along a circular path with unit radius, r_∘. The mass unit, m_∘, can be defined by calculating the energy of the field φ for a single preon:

m^2 = 1 2π ∫ S φ^2 dS = 1 (12)

with the first component of the field, φ_1, removed because the integral ∫ φ^2_1 dS diverges and, obviously, cannot be used for this purpose. If we ignore for a moment the third colour and consider a two-body system d^+_y = σ^+_r ≀ σ^+_g (13)

– a charged colour dipole with energy E_0 = 0 – we can see that the charges in this system are confined (oscillating) within the region (0, r_{max}), where r_{max} ≃ 1.894r_∘ (see Fig. 5). The symbol ≀ between σ^+_r and σ^+_g in (13) simply indicates that these two components oscillate with respect to each other; and the index “y” (yellow=blue) indicates that this structure is deficient in the blue-polarity field, φ^b_1 , which means that the charged colour dipole d^+_y cannot actually exist in free states by having infinite energy (unless we neglect the third colour). The net charge of d^+_y corresponds to +2q_∘. Its mass, m_d+_y , in the first approximation, is equal to 2m_∘, which is the exact value for the case when the centres of σ^+_r and σ^+_g coincide and the components φ^r_1 and φ^g_1 of the field cancel each other exactly (the component φ^b_1 being ignored).

Fig. 6: Mass excess (in units of m∘) for some simple preon systems (normalised to the number of preons in the system) as a function of distance D between preons. (a): A system of two like-charged preons with unlike colours; (b): two unlike-charged preons with unlike colours, and (c): three like-charged preons with unlike colours (in this case the abscissa corresponds to the tripole radius, RY ).

If the constituents of d^+_y are separated by some distance, D, the fields φ^r_1 and φ^g_1 will cancel only partially and the mass of this system will exceed the value 2m_∘ by a quantity (called hereafter the mass excess) which can be calculated by using (12). The mass excess of the two-component system d^+_y as a function of distance between the components is shown in Fig. 6 a. In its ground state (D = r_∘) this system has a mass of ≈ 2.04 m_∘.

For the system of two preons with like colours, say σ^+_r σ^+_r , we have to reverse the sign of κ in (8), which would result in a repulsive combined potential (curve b in Fig. 5) having a maximum at the origin. This means that the system σ^+_r σ^+_r cannot be formed in principle, even by neglecting the third colour.

The wells of the potentials corresponding to the preon pairs with opposite electric charges (curves c and d in Fig. 5) imply that the neutral colour dipoles

d^0_y = σ^+_r ≀ σ^−_g and d^0_r = σ^+_r ≀ σ^−_r (14)

could, in principle, be formed if the third colour were neglected. Then, the system d^0_y would have a vanishing mass (100% mass defect) for D = 0 because in this case not only do the fields φ_1 of its two constituents have opposite signs and cancel each other, but the fields φ_2 also do. For D > 0 the mass of d^0_y will be growing almost linearly with distance, as shown in Fig. 6 b.

The colourless bound state of three like-charged preons with complementary colours (the tripole)

Y^+ = σ^+_r ≀ σ^+_g ≀ σ^+_b or Y^− = σ^−_r ≀ σ^−_g ≀ σ^−_b , (15)

has a finite mass. Given E_0 = 0^-, the tripole’s radius, R_Y , will oscillate between zero and R^{max}_Y ≃ 1.09r_∘, see Fig. 7. The tripole system must be stable because it would take an infinite amount of energy to remove any of its three constituents from the system. In their ground state, these constituents will be separated from each other by the distance D = r_∘, corresponding to the tripole’s equilibrium radius, R_Y = r_∘/ √ 3, which minimises the potential shown in Fig. 7. Since the centres of the tripole constituents do not coincide, the fields φ_1 are cancelled only partially and the mass of the tripole’s ground state has an excess of about 0.199 m_∘ per preon over the mass of the state with R_Y = 0 (curve c in Fig. 6).

a b

E_∘ R^{max}_Y

Fig. 7: (a) Potential energy of the tripole system Y as a function of its radius RY ; (b) The pattern of radial oscillations of a tripole with invariable mass (solid curve), and with the mass excess function taken into account (dashed curve). The amplitude of the oscillating RY corresponds to the energy level E∘ = 0^-. Here time is in units of t∘ and the radii are in units of r∘.

5 Two- and three-component strings of tripoles

Due to colour-polarisation of the tripole’s fields, different tripoles can interact with each other and form bound states. The simplest of them is a two-component string formed of either two like-charged tripoles:

γ^+ = Y^+ ≀ Y^+ or γ^− = Y^− ≀ Y^− , (16)

or oppositely charged tripoles:

γ^∘ = Y^+ ≀ Y^− . (17)

Obviously, the tripoles in these systems will be joined pole-to-pole to each other, rotated by 180^∘ (see the scheme on the left of Fig. 8). The corresponding potential energies for the pairs of like- and unlike-charged tripoles as functions of tripole’s radii, R_Y , and separation, D, between the tripoles are shown in Fig. 8 (a) and (b), respectively. R_Y

D 0 1.0 2.0

0.5 1.0 1.5 R_Y

D 0 1.0 2.0

0.5 1.0 1.5 a b

Fig. 8: Potential energy of a string formed of two tripoles Y separated by distance D and having radii RY (scheme on the left); (a) two like-charged tripoles; (b) two oppositely charged tripoles.

The minimum of the potential for the second (electrically neutral) system γ^∘, Fig. 8 (b), is very close to the origin, which means that both electric and colour fields in this system are cancelled almost entirely. Therefore, in its ground state this system will have a vanishing mass and will not be able to interact with other similar (neutral) systems, so that in each point of space one can place as many of them as one pleases (the population density of these particles is not derivable from first principles). By being massless, these particles will move with maximal available speed in all possible directions, which can be regarded as an ideal gas of neutral particles. However, in the vicinity of an electric or colour charge the constituents of γ^∘ will be polarised either electrically or chromatically, converting this particle to an electric or colour dipole. This property of γ^∘ is important because within this framework one can use the gas of these particles to represent a polarisable medium (vacuum) where the motions and interactions of all other particles take place. The dipole-dipole interactions between the polarised γ^∘-particles will result in the formation of instantaneous preonic configurations of different complexity, which can be regarded as a source of new particles, provided the supplied energy is sufficient for the complete separation of the polarised components of γ^∘ (otherwise, these configurations could be used for modelling virtual particles).

It is worthwhile mentioning here that the particle γ^∘ is the only possible form of matter that can exist during the initial phase of the universe’s expansion, when the available volume is still too small to allow any larger structures to be formed (when the universe’s radius is smaller than ≈ 0.5r_∘). The motions of these particles will be stochastic because of the unstable stationary point of the potential at the origin. This picture is somewhat similar to the Raitio’s model [41], according to which the universe at a very early moment consisted of stable particles of minimal size and maximal mass, called “maxons”, carrying only the electric and colour charges and whose bound states have vanishing masses. Raitio’s model is in turn close to the idea of bound states of “maximon” particles proposed by Markov in 1965 [42].

By analogy with the three-component system (15) we can consider a three-component string, e^±, formed of like-charged tripoles:

e^+ = Y^+ ≀ Y^+ ≀ Y^+ or e^− = Y^− ≀ Y^− ≀ Y^− . (18)

The potential energy of this string will be minimised for its loop-closed configuration with its constituent tripoles rotated by 120^∘ with respect to each other (see the scheme on the left of Fig. 9). The minimum of the potential surface shown in Fig. 9 corresponds to the static equilibrium of this loop. R_Y

R_e 0 1.0 2.0

0.5 1.0 1.5

Fig. 9: Potential surface corresponding to the loop e^± of radius Re formed of three like-charged tripoles Y with radii RY (scheme on the left). The radii are expressed in units of r∘.

But, in fact, such a static state cannot be stable because the tripoles comprising the loop retain their rotational and translational degrees of freedom (around and along their common ring-closed axis) and will be moving under the influence of all the other existing particles, for example, under the stochastic action of the above mentioned gas of the neutral two-component tripole strings. The dynamical parameters of this system will be quite different from those corresponding to the static case shown in Fig. 9 because each of the spinning tripoles will generate a magnetic field modifying (and stabilising) the motions of the two other tripoles in the loop [62]. By the standard dynamo mechanism these motions will induce toroidal and poloidal magnetic fields which in turn will maintain the rotational and orbital motions of the looped tripoles (we shall discuss the dynamics of this system elsewhere).

The colour-currents corresponding to the motion of each individual preon in this system are helices (Smale-Williams curves) which, by their closure, make a π-twist around the ring-closed axis of the structure with either clockwise or anticlockwise winding (the scheme shown in Fig.9 corresponds to the anticlockwise winding of the currents). Such a twisting dislocation of the phase is a conserved quantity called topological charge [63] or dislocation index, which has a sign corresponding to the winding direction (clockwise or anticlockwise) and the magnitude related to the winding number per 2π-orbit path. In these terms, the π-phase shift of the currents in the structure e^± corresponds to a topological charge S = ±^1_2 , identifiable also with the particle internal angular momentum (spin).

It is seen that the path of each preon belonging to a particular tripole overlaps exactly with the paths of two other preons that belong to two other tripoles of the structure and whose colour charges are complementary to the colour charge of the first preon. That is, the currents that form the structure e^± are dynamically colourless and, averaged in time, the field of this particle will have only two polarities corresponding to the conventional electric field.

6 A hierarchy of preonic bound states

One finds that, besides the simplest bound states of colour preons discussed in the previous sections, the field (8) gives rise to a rich variety of other structures. For example, a string of tripole-antitripole pairs has a symmetry similar to that of the structure (18), which allows its closure in a (minimal) loop, ν_e, containing six such pairs (twelve tripoles). Like e^±, this structure is also dynamically colourless but, unlike e^±, it is electrically neutral. Despite its null electric and colour charges, the particle ν_e can, nevertheless, interact with e^± through its residual (oscillating) chromoelectric fields, given that the motions of the constituents in both structures are synchronised. We shall discuss the issue of synchronisation elsewhere, leaving it here as a hypothetical possibility, although from simple considerations it is seen that this is likely to be the case. For example, by rotating one of the tripoles in the two-component string shown in Fig. 8, one can find that to maintain the equilibrium the second tripole will start rotating in the same direction and with the same angular speed as the first tripole. Likewise, if two initially static loops e^± (Fig. 9), were placed with their orbital planes parallel to each other in a position of equilibrium (when each preon from one loop faces a pair of preons from the other loop, the latter two carrying the complementary colour-charges to the first one) then the rotation of one of the loops will cause synchronous rotation of the other in order to minimise the combined potential of the two structures. So, neighbouring structures ν_e and e^± will, indeed, interact with each other, the more so because, curiously enough, the helical patterns of their colour currents perfectly match each other, provided that the two particles have like-topological charges (spins), otherwise their residual chromoelectric fields will be repulsive. Two like-topological charges attract each other only if the particles carrying these charges were of two different kinds with the distinct radii of their loops, allowing one of them passing through the central opening of the other (which is the case for the structures ν_e and e^±). Particles of the same kind and size (e.g., two particles e^±) will be repulsed from each other by having like-topological charges and attracted to each other by having opposite topological charges. This feature of the tripole loops might shed some light on the origin of the Pauli exclusion principle.

By their properties, which include spin and charge (see Section 5), gyromagnetic ratio [64] and parity [65], the three- and twelve-tripole loops (e^± and ν_e) can be identified with the electron and its neutrino, respectively. One can also find that different combinations of these loops (involving also the tripoles Y^±) constitute a hierarchy of structures identifiable with the observed variety of elementary particles (we shall discuss this in detail elsewhere). Due to the topological constraints, the number of constituents in each structure is well-defined by the minimum of its potential energy, so that the hierarchy turns out to be unique.

The masses of these structures ensue from the energies of the motions of their constituents less binding energies (mass defects), which are known as standard mass-generating mechanisms for the composite systems. Therefore, within the framework of this model, there is no need of extra fields, like Higgs, to generate particle masses. The same null prediction can be made with respect to the supersymmetric partners of the known particles, since this model does not generate more structures than are needed to explain the origin of the observed variety of particles.

As was mentioned in Section 4, the fields of opposite polarities (or complementary colours) almost entirely cancel each other if two unlike-charged particles (structures) overlap or get close to each other, which also nullifies the masses of the neutral loops, like ν_e. This accounts for the so-called “mass paradox”, according to which the momentum uncertainty for the constituents of a structure confined in a small volume of a composite particle should necessarily be greater than the mass of the host particle they comprise. In our case the almost infinite energies of the primitive particles are nullified by their binding energies, which is the case for many composite models [66].

The binding energy, E_Y , between tripoles in a composite structure is due to residual effects of the chromoelectric fields of the preons constituting these tripoles. Therefore, E_Y must be smaller than the binding energy between the preons constituting the tripole Y. To get an idea about the order of magnitude of E_Y we can take Dehmelt’s estimate of the electron radius, R_e = 10^{−22} m, obtained by extrapolating the experimentally measured g-factor-to-radius ratios for the known near-Dirac composite particles (see [67] for details). Of course, this value of R_e is unrelated to the classical electron radius or the Compton radius because it was obtained by assuming that the anomalous magnetic moment of the electron is due to its compositeness. Thus, R_e in this case corresponds to the physical size of a structure forming the composite electron. If we assume that R_e corresponds to the radius of the loop e^± in Fig. 9 then the distance D_Y between each pair of the tripoles constituting this loop will be roughly twice the value of R_e. The binding energy between the tripoles must exceed (or at least be equal to) 5 · 10^3 TeV, which is the energy scale corresponding to the distance D_Y = 2 · 10^{−22} m, that is, E_Y ≥ 5 · 10^3 TeV. This is far greater than the energy scales accessible by modern experimental techniques. For example, the proton beam energy of CERN’s Large Hadron Collider (LHC) is expected to be of about 7 TeV [68]. This seems to result in very few (if any) new phenomena observable with the use of the most powerful modern colliders.

Nevertheless, it is possible that some phenomena, either supporting or falsifying our model, could be seen at the TeV energy scale. For instance, quark sub-structures might be revealed by the LHC in the form of deviations from the QCD expectation of the high energy part of the jet cross-sections [69] and also in hadronic di-jets angular correlations [70].

As was mentioned in Section 3, our model is based solely on the symmetry SU(3)×U(1) of the basic field, whereas the weak interaction is viewed as a low-energy property of composite systems. That is, the weak interaction in our model is not fundamental but a residual effect of underlying chromoelectric fields, similar to the Yukawa interaction between nucleons, which is thought to be a residual interaction between quarks inside each individual nucleon. This is a situation typical for most composite models [71]. It is worth mentioning also that excluding the weak force from the fundamental forces is not at all unreasonable from a theoretical point of view and does not create any problem in the rest of physics, as was recently shown by Harnik, Kribs and Perez [72]. Then it follows that the weak gauge bosons must also be composite, which might lead to unusual observations in the TeV energy range within the reach of the LHC.

The composite nature of particles, e.g. of the electron, might also reveal itself at low energies through synchronisation between the constituents of the composite electrons in ferromagnetic electron liquids [73] and low-dimensional electron systems, like Wigner crystals [74]. Another possibility is to detect some exotic electron bound states, like those observed by Jain and Singh [75] in their experiments at CERN aimed at searching for low-mass neutral particles decaying into e^+e^− pairs. They have reported the detection of short-lived neutral particles having masses of 7 ± 1 MeV and 19 ± 1 MeV. The former might correspond to the minimal spherically closed shell of eight electron-positron pairs [65] comprising a mass of about 8 MeV, less, of course, the binding energy between the constituents of this shell.

7 Cosmological singularity

The preonic structures discussed in the previous sections correspond to large manifolds, whereas for a reduced volume the situation must be quite different. Let us assume that our manifold S is evolving (either expanding or contracting), with its curvature changing in time. During the contraction phase the growing curvature will reach its upper limit corresponding to the intrinsic curvature of the primitive particles. Since the potential (10) has a stationary point at the origin, all the primitive particles on S will be squeezed into a minimal volume, their centres coinciding in the origin. At this stage the contraction rate and the curvature of the manifold are maximal, whereas its volume is minimal (but not vanishing). This structureless (matter-free) superposition of primitive particles corresponds to the appearance of a de Sitter state, which is the appropriate candidate for a non-singular initial state of the universe [76, 77] (for a review see [78]).

Besides the problem of the cosmological singularity, there are some other important cosmological problems that must be addressed by any model of the universe. Here we shall briefly outline the nature of these problems and the possible ways of addressing them within the framework of our model.

Entropy problem. The entropy problem is related to the “specialness” of the initial state of the universe [79]. The fact of the mere existence of the second law of thermodynamics implies that the initial state of the universe must have had a very low entropy value [80]. According to the second law of thermodynamics, in cyclic-universe models the universe must be increasing in size on each next cycle [81]. Extrapolated backwards in time, this leads to the same problem of the initial singularity that cyclic models try to resolve. To avoid this problem the extra amount of entropy has to be removed from the universe. For example, in the oscillating model of Braun and Frampton [82] this is done by appealing to phantom dark energy and a deflation mechanism. The authors of this model propose that near the turnaround of an oscillating universe only one causal patch of the manifold is retained, the other patches contracting independently to separate universes. Thus, the entropy excess is permanently removed from our universe when the scale factor is deflated to a tiny fraction of itself, and the universe starts a new cycle of expansion containing vanishing entropy. In a recent cyclic-universe model by Biswas [83], in each previous cycle the universe remains more and more time in the thermal equilibrium entropy-preserving phase (called “Hagedorn soup” [85]) and less time in the entropy-producing phase, which, if extrapolated to the infinite past, results in a constant entropy value. This makes Biswas’ model non-singular and consistent with the second law of thermodynamics.

Our model contains an even more radical solution to the entropy problem. Namely, during the maximal contraction phase, when the primitive particles lose any degree of freedom for motion, the entropy of the collapsed universe is minimised (in fact, nullified), as opposed to the conventional view that entropy never decreases [86]. This simply reflects the fact that entropy, being a macroscopic statistical parameter, cannot be used for characterisation of a single-element microscopic system like the collapsed universe modelled with the fields (8). Of course, the universe’s entropy will be growing during both the expansion and contraction phases, but at the end of the contraction phase the universe will invariably go to the above-mentioned highly-ordered single-element state, which means that after each cycle the universe will be completely renewed. This circumvents the problem of the ever-increasing entropy characteristic of many cyclic-universe models. For the same reason this model avoids the problem related to the enormous entropy production in previous cycles due to black hole formation [87]. The possibility of a cold initial state of the universe was first discussed by Zeldovich and Novikov [88]. They have calculated the presentday entropy that would correspond to this initial state and found that this entropy surprisingly well matches the observed value of about 10^9 per baryon. In the case of the de Sitter initial state this was first calculated in [76].

Bouncing problem. Lifschitz and Khalatnikov [89] discussed the possibility for the worldlines of matter particles (in a non-homogeneous and non-isotropic collapsing universe) to cross in the same point but pass by one another and continue moving without reversing their direction of motion, thus, making the universe to appear to bounce back from the contraction. However, the prospects of this model were severely dimmed by Penrose and Hawking’s singularity theorems [15]. In our model the natural Lifschitz- Khalatnikov bounce can occur in the case of the K^3 -topology of the universe because this topology allows passing from the contraction to expansion phase with maximal speed and without reversing the direction of motion of test particles (in this case the manifold simply turns “inside-out” without changing its topology). By contrast, a hypersphere S^3 or the hypertorus T^3 cannot pass homeomorphically from the contraction to expansion phase, which leaves us with only one possibility: the topology of the universe must be K^3 .

Flatness problem. Observations show that the universe seems to be spatially flat. This would be an extreme coincidence because a flat universe is a special case. In our model this problem is solved without a fine tuning or appealing to the anthropic principle needed typically for treating this problem (see, e.g., [90, 91, 83] and for a recent review [84]). The manifold K^3 is known to belong to the class of Euclidean manifolds, which are finite and geodesically complete [92], implying that any metric on a Klein bottle is conformally equivalent to a flat metric [93]. Moreover, in our case the global geometry of the spatial slice of the manifold should be very close to Euclidean at any stage of its evolution. This can be seen simply from the fact that in the K^3 case the manifold is turned “inside-out”, with the curvatures of the “inner” and “outer” parts of the manifold being equal by their magnitudes and opposite in sign. The total curvature would then be observed almost vanishing, with a residual effect due to the presence of matter (primitive particles and their combinations), so that our model implies a nearly flat universe, which is what is actually observed [94].

Charge asymmetry. The model described is symmetric with respect to the number of positive and negative charges (right and left parts of Fig.1) as each such pair is viewed as a manifestation of the same topological feature. The charge asymmetry within the framework of this model could be understood in terms of the distinct paths that inflows and outflows of test particles take on the “inner” and “outer” sections of the manifold. This is likely to lead to a difference in the energy content of these two sections because, due to the existence of an upper limit on the manifold’s curvature, these sections will never overlap exactly and, thus, will have slightly different volumes, except for the instantaneous configuration corresponding to the maximal contraction phase. The sign of the difference between their energies will be reversed after each recollapse of the manifold, recovering the CPT symmetry for the entire expansioncontraction cycle.

Horizon problem. There exist a series of models addressing the horizon problem (as well as some other cosmological problems) by assuming the variability of the fundamental speed [95, 96]. In our model the magnitude of the fundamental speed is presumably related to the speed of the flow forming the spinning manifold (see Section 2) In an expanding universe with rotation the value of rotation decreases [97], and so too – the fundamental speed, which should have been maximal when the universe was passing from the contraction to expansion phase and minimal when the universe reaches its maximal size. In our case the variability of the fundamental speed can follow from the necessity to preserve the angular momentum of the spinning manifold [98]. So, the colour-preon model fully embraces the variable fundamental speed theory, which provides an alternative to the standard inflationary picture and leads to the predictions with respect to the homogeneity, flatness and perturbation spectrum similar to those made by the standard inflationary model [99].

Structure formation. The potential (10), by having an unstable stationary point at the origin, implies spontaneous symmetry breaking, leading to the separation of colour-charges from each other and to their self-organisation in complicated structures on a certain stage of the manifold expansion. The initial spherical symmetry of the field and the symmetry of scale invariance will be broken when the size of the universe grows to a few units of r_∘, i.e., when the primitive particles forming the tripole structures pass from their unstable initial state with energy E_∘ and R_Y = 0 (see Fig. 7) to their ground state with the equilibrium radius R_Y ≈ 0.58 r_∘. The spherical symmetry is broken because each tripole acquires a rotational axis, whereas the scale invariance is broken because the tripole constituents cannot be removed from this system (see Sect. 4).

The further growth of the universe implies the formation of a complicated network of tripole strings and loops, as was shown in [65]. They act stochastically on each other and on the spacetime metric, which is likely to affect the subsequent large-scale structure formation in the universe in the same manner as in the standard cosmology [85, 100].

8 Summary and Discussion.

As we have seen, our model gives an insight both into the nature of the cosmological singularity and the origin of elementary particles. It has inbuilt units of length, time and speed, fixing a scale against which this model can be compared with observations. Within its framework the dynamics of particles and sub-particles can be described in terms of well-established relativistic mechanics and Maxwell’s electrodynamics. Although the characteristic length scale of this model is likely to be close to the Planck-length, one can, in principle, use this model to make calculations for much larger structures (such as nucleons). So, an interesting area for further research would be exploring the phenomenological consequences of this framework on scales where more experimental tests could be conducted, e.g., on the scales of nuclear and atomic structures.

One can find that, besides the problems mentioned in the previous section, the colour-preon model can shed light on the following issues, mostly related to particle and nuclear physics:

• the origin of the observed variety of particle species;

• the neutrino left-handedness;

• the electroweak symmetry breaking mechanism;

• the origin of the Pauli exclusion principle;

• the indistinguishability of particles born in different reactions;

• the invariability of particle masses and charges;

• the equivalence of the magnitudes of the proton and electron electric charges;

and some others. The problem of the possible origin of the observed variety of particles is related to the problem of the uniqueness of the universe [101]. As was mentioned in Section 6, in our case the particular configuration and the number of constituents in each preonic cluster is well-defined by the minimum of the combined potential of this cluster. Therefore, the observed variety of particle species, as well as their internal structures, are determined uniquely, and the universe modelled with the use of the field (3) will generate always the same set of particles having the same properties. It is important to note that this set is pre-determined by the SU(3)×U(1)-symmetry of this field, so that any particular choice of its functional form (like, for example, the exponential form used in this paper) will only change the scale units, not altering the variety of particle species, We shall discuss the other of the above issues elsewhere (see also Sect. 6 and Refs. [64], [65]) noting here that it seems very attractive to address most of the fundamental questions of the standard particle physics and cosmology based on a few primary constituents.

References

[1] G. Lemaître, “L’univers en expansion”, Ann. Soc. Sci. Bruxelles A 53, 51–85 (1933); R. C. Tolman, “Relativity, Thermodynamics and Cosmology” (Oxford University Press, Clarendon Press, Oxford, 1934); F. Hoyle, G. Burbidge and J. Narlikar, “A different approach to cosmology” (Cambridge University Press, Cambridge, 2000).

[2] P. J. Steinhardt and N. Turok, “A cyclic model of the universe”, Science 296, 1436–1439 (2002); P. J.

Steinhardt and N. Turok, “Cosmic evolution in a cyclic universe”, Phys. Rev. D 65, 126003 (2002); P. J. Steinhardt and N. Turok, “Endless Universe: A New History of the Cosmos” (Doubleday Publ., N. Y., 2007).

[3] M. A. Markov, “Problems of a perpetually oscillating universe”, Ann. Phys., 155, 333–357 (1984); S. A.

Bludman, “Thermodynamics and the end of a closed universe”, Nature, 308, 319–322 (1984); R. Penrose, “Difficulties with inflationary cosmology”, Ann. N.Y. Acad. Sci., 571, 249–264 (1989); L.Baum, P. H. Frampton, “Entropy of contracting universe in cyclic cosmology”, Mod. Phys. Lett. A, 23, 33–36 (2008) [hep-th/0703162]; L.Baum, P. H. Frampton, “Turnaround in cyclic cosmology”, Phys. Rev. Lett, 98, 071301 (2007) [hep-th/0608138, hep-th/0610213].

[4] A. Guth, M. Sher, “The impossibility of a bouncing universe”, Nature, 302, 505–506 (1983); J. .V. Narlikar, G. Burbidge, R. G. Vishwakarma, “Cosmology and cosmogony in a cyclic universe”, J. Astrophys. Astr., 28, 67–99 (2007).

[5] M. Bojowald, R. Maartens, P. Singh, “Loop quantum gravity and the cyclic universe”, Phys. Rev. D, 70, 083517 (2004); R. Murdzek, “Cyclic universes from torus geometry”, Rom. J. Phys., 51, 997–1001 (2006); P. H. Frampton, “Cyclic universe and infinite past”, Mod. Phys. Lett. A, 22, 2587–2592 (2007); T. Clifton, J. D.Barrow, “The ups and downs of cyclic universes”, Phys. Rev. D, 75, 043515 (2007) [gr-qc/0701070].

[6] J. A. Wheeler, “Geometrodynamics” (Academic Press, New York, 1962); J. A. Wheeler, “Superspace and the Nature of Quantum Geometrodynamics”, in Quantum Cosmology, Eds. Li Zhi Feng and R. Ruffini (World Scientific, Singapore, 1968) 27–92.

[7] J. Ambjorn, J. Jurkiewicz and R. Loll, “The universe from scratch”, Contemp. Phys. 47, 103–117 (2006); H. I.

Ringermacher and L. R. Mead, “ Inducedmatter: Curved N-manifolds encapsulated in Riemann-flat N+1 dimensional space”, J. Math. Phys. 46, 102501 (2005); D. Bohm, “Wholeness and the Implicate Order” (Rutledge, London, 1980).

[8] C. Rovelli, “Quantum Gravity” (Cambridge Univ. Press, Cambridge, 2004); D. E. Burlankov, “Cosmic vortices in global time theory”, Preprint arXiv:gr-qc/0406112 (2004); A. E. Karpelson, “Matter as curvature and torsion of general metric-affine space”, Preprint arXiv:gr-qc/0103039 (2001); T. Martin, “On the motion of free material test particles in arbitrary spatial flows”, Preprint arXiv:gr-qc/9807006 (1998).

[9] R. Narayan, “Black holes in astrophysics”, New J. Phys. 7, 199 (2005).

[10] L. L. Snezhko, “Search for black holes in close binary systems” Soobshch. Spets. Astrofiz. Obs., 6, 3 - 18 (1972); T. Shahbaz, T. Naylor and P. A. Charles, “The mass of the black hole in A0620-00” Mon. Not. R. Astr. Soc., 268, 756–762, (1994); A. I. Bogomazov, M. K. Abubekerov and V. M. Lipunov1, “The mass spectrum of black holes in close binary systems” Astron. Rep., 49, 644–653 (2005).

[11] P. Charles, “Black holes in X-Ray binaries”, in Black Holes in Binaries and Galactic Nuclei, L. Eds: Kaper, E. P. J van der Heuvel and P. A. Woudt (Springer–Verlag, Berlin, Heidelberg, 2001) 27–38; S. F. P. Zwart, H. Baumgardt, P. Hut, J. Makino, S. L. W. McMillan, “Formation of massive black holes through runaway collisions in dense young star clusters”, Nature, 428, 724–726 (2004).

[12] A. Eckart, R. Genzel, “Observations of stellar proper motions near the galactic centre”, Nature, 383, 415– 417 (1996); A. Eckart, R. Genzel, T. Ott, R. Schödel, “Stellar orbits near Sagittarius A^∗”, Mon. Not. R. Astron. Soc., 331, 917–934 (2002); R. Genzel et al., “The stellar cusp around the supermassive black hole in the galactic center”, Aph. J., 594, 812–832 (2003); R. Bender et al., “HST STIS spectroscopy of the triple nucleus of M31: two nested disks in Keplerian rotation around a supermassive black hole”, Astrophys. J. 631, 280–300 (2005).

[13] A. Beifioru et al., “Upper limits on the mass of supermassive black holes from STIS archival data”, Preprint arXiv:0709.0866 (2007); F. Melia, “The Edge of Infinity: Supermassive Black Holes in the Universe” (Cambridge Univ. Press, Cambridge, 2003); J. M. Colberg, T. Di Matteo, “Supermassive black holes and their environments”, Preprint arXiv:0804.1756 (2008).

[14] V. P. Frolov and I. D. Novikov, “Black Hole Physics: Basic Concepts and New Developments” (Kluwer Acad. Publ., Dordrecht, 1989); I. D. Novikov, “Developments in general relativity: Black hole singularity and beyond”, arXiv:gr-qc/0304052 (2003); A. De Benedictis, “Developments in black hole research: classical, semi-classical,and quantum”, arXiv:0711.2279 (2007).

[15] R. Penrose, “Gravitational collapse and space-time singularities”, Phys. Rev. Lett., 14, 57–59 (1965); S. W.

Hawking, “The occurrence of singularities in cosmology. III. Causality and singularities”, Proc. R. Soc. London A 300, 187–201 (1967); R. Penrose, “Gravitational collapse: The role of general relativity”, Riv. Nuov. Cim., 1, 252–276 (1969); S. W. Hawking and R. Penrose, “The singularities of gravitational collapse and cosmology”, Proc. R. Soc. Lond. A 314, 529–548 (1970); S. W. Hawking, G. F. R. Ellis, “The Large Scale Structure of Space-Time” (Cambridge Univ. Press, Cambridge, 1973).

[16] I. Dymnikova, “The cosmological term as a source of mass”, Class. Quantum Grav. 19, 725–739 (2002); I.

Dymnikova and E. Galaktionov, “Vacuum dark fluid”, Phys. Lett. B 645, 358–364 (2007).

[17] G. Gamow, “The origin of elements and the separation of galaxies”, Phys. Rev. 74, 505–506 (1948); A. A.

Penzias and R. W. Wilson, “A measurement of excess antenna temperature at 4080 Mc/s”, Astrophys. J. 142, 419–421 (1965); R. H. Dicke, P. J. E. Peebles, P. G. Roll and D. T. Wilkinson, “Cosmic black-body radiation”, Astrophys. J. 142, 414–419 (1965).

[18] M. E. Cartan, “Sur une généralisation de la notion de courbure de Riemann et les espaces à torsion”, Compt.

Rend. Acad, Sci., 174, 593–595 (1922); A. Trautman,“On the structure of the Einstein–Cartan equations”, in Differential Geometry, Symposia Mathematica, 12, 139–162 (1979); T. Dereli, R. W. Tucker, “A gravitational model for a matter-free torsion ball”, J. Phys. A: Math. Gen., 14, 2957–2967 (1981); D. D. Ivanenko, P. I. Pronin, G. A. Sardanashvili, “Gauge Gravitation Theory” (Moscow Univ. Publ., Moscow, 1985); V. N. Ponomarev, A. O. Barvinsky, and Yu. N. Obukhov, “Geometrodynamics Methods in a Gauge Approach to the Gravitation Interaction Theory” (Energoatomizdat, Moscow, 1985); V. I. Rodichev, “Gravitation Theory in an Orthogonal Frame” (Nauka, Moscow, 1974).

[19] A. Ashtekar, “Gravity and the quantum”, New J. Phys. 7, 198 (2005); A. Ashtekar, M. Bojowald, “Quantum geometry and the Schwarzschild singularity”, Class. Quant. Grav., 23, 391–411 (2006); M. Bojowald, “Nonsingular black holes and degrees of freedom in quantum gravity”, Phys. Rev. Lett., 95, 061301 (2005).

[20] J. V. Narlikar, “Quantum fluctuations near the classical space-time singularity”, Gen. Rel. Grav., 10, 883– 896 (1979); A. Hosoya, “Quantum smearing of spacetime singularity”, Class. Quant. Grav, 12, 2967–2975 (1995); S. D. Mathur, “The fuzzball proposal for black holes: an elementary review” Fortsch. Phys., 53, 793– 827 (2005); M. Bojowald, “Quantum geometry and its implications for black holes”, Int. J. Mod. Phys. D15 1545–1559 (2006); K. Skenderis, M.Taylor, “The fuzzball proposal for black holes”, Preprint arXiv:0804.0552 (2008).

[21] R. Ragazzoni, M. Turatto and W. Gaessler, “The lack of observational evidence for the quantum structure of spacetime at Planck scales”, Astrophys. J. 587, L1–L4 (2003); R. Lieu and L. W. Hillman, “The phase coherence of light from extragalactic sources: Direct evidence against first-order Planck-scale fluctuations in time and space”, Astrophys. J. 585, L77–L80 (2003).

[22] I. G. Mitrofanov, “A constraint on canonical quantum gravity?” Nature 426, 139 (2003).

[23] S. Dado, A. Dar and A. De Rujula, “Implications of the large polarization measured in gamma-ray bursts”, in Proceed. of the Vulcano Workshop on Frontiere Objects in Astrophysics, Vulcano, Italy, May 21–27, 2006 [arXiv: astro-ph/0701294].

[24] M. A. Markov, “Limiting density of matter as a universal law of nature”, Pis. Zh. Eksp. teor. Fiz, 36, 214–216 (1982);

[25] É. G. Aman, M. A. Markov, “Oscillating universe in the case p ≠ 0”, Teor. Mat. Fiz., 58, 163–168 (1984);

M. A. Markov, V. F.Mukhanov, “De Sitter-like initial state of the universe as a result of asymptotical disappearence of gravitational interactions of matter”, Nuovo Cim., 86B, 97–102 (1985); D. Morgan, “Black holes in cutoff gravity”, Phys. Rev. D, 43, 3144-3146 (1991); V. Mukhanov, R. Brandenberger, “A nonsingular universe”, Phys. Rev. Lett., 68, 1969–1972 (1992).

[26] H. G. Ellis, “Ether flow through a drainhole: a particle model in general relativity”, J. Math. Phys., 14, 104– 118 (1973); A. Chodos, S. Detweiler “Spherically symmetric solutions in five-dimensional general relativity”, Gen. Rel. Grav., 14, 879-890 (1982).

[27] A. Einstein, N. Rosen, “The particle problem in the general theory of relativity”, Phys. Rev., 48, 73–77 (1935); F. I. Cooperstock, N. Rosen, “A non-linear gauge-invariant field theory of leptons”, Inter. J. Theor. Phys., 28, 423–440 (1989); Li-Xin Li, “Two open universes connected by a wormhole: exact solutions”, J. Geom. Phys., 40, 154–160 (2001).

[28] K. Bronnikov, “Scalar-tensor theory and scalar charge”, Acta Phys. Pol. B, 4, 251–266 (1973). T. Kodama, “General-relativistic nonlinear field: a kink solution in a generalized geometry”, Phys. Rev. D, 18, 3529– 3534 (1978); Yu. P Rybakov, G. N. Shikin, B. Saha, “Solitons of nonlinear scalar electrodynamics in general relativity”, Int. J. Theor. Phys., 36, 1475–1494 (1997).

[29] W. Fischler, D. Morgan, J. Polchinski, “Quantization of false bubbles: a Hamiltonian treatment of gravitational tunneling”, Phys. Rev. D, 42, 4042–4055 (1990).

[30] J. Ibañez, E. Verdaguer, “Soliton collision in general relativity”, Phys. Rev. Lett., 15, 1313–1315 (1983); J.

Garriga, E. Verdaguer, “Cosmic strings and Einstein-Rosen soliton waves”, Phys. Rev. D, 36, 2250–2258 (1987); S. Kim, “Solitons of the self-dual Chern-Simons theory on a cylinder” Lett. Math. Phys., 61, 113–122 (2002).

[31] R. M Kiehn, “Falaco solitons, cosmic strings in a swimming pool”, Preprint arXiv:gr-qc/0101098 (2001);

R. M Kiehn, “Falaco Solitons, Cosmology and the Arrow of Time”, 2nd Edition, Non-Equilibrium Systems and Irreversible Processes Vol 2 (Lulu Enterprises, Inc., Morrisville NC, 2007).

[32] D. Finkelstein and. C. W. Misner, “Some new conservation laws”, Ann. Phys. 6, 230–243 (1959); C. F. E.

Holzhey and F. Wilczek, “Black holes as elementary particles”, Nucl. Phys. B 380, 447–477 (1992); V. V. Flambaum and J. C. Berengut, “Atom made from charged elementary black hole”, Phys. Rev. D 63, 084010 (2001); Y. Ne’eman, “Primitive particle model”, Phys. Lett. B 82; 69–70 (1979); G. Clément, “Axisymmetric regular wormhole solutions in five-dimensional general relativity”, Gen. Rel. Grav., 16, 477–489 (1984).

[33] J. Ellis, “From the standard model to grand unification”, Phil. Trans. R. Soc. Lond. A, 304, 69–86 (1982);

M. Gronau, “Patterns of fermion masses, mixings, and CP violation”, Ann. N.Y. Acad. sci., 518, 186–195 (1987).

[34] E. J. Eichten, K. D. Lanc, M. E. Peskin, “New tests for quark and lepton substructure”, Phys. Rev. Lett, 50, 811–814 (1983); C. Adloff et al. (HERA collab.), “Observation of events at very high Q^2 in ep collisions at HERA”, Zeitschrift f. Physik. C, 74, 191–205 (1997); J. Breitweg et al. (ZEUS collab.) “Comparison of ZEUS data with standard model predictions for e^+p → e^+X scattering at high x and Q^2”, Zeitschrift f. Physik. C, 74, 207–220 (1997).

[35] F. Abe et al. (CDF collaboration), “Comparison of jet production in pp collisions at √ s = 546 and 1800 GeV”, Phys. Rev. Lett., 70, 1376–1380 (1993); F.Abe et al. (CDF collaboration), “Measurement of Dijet Angular Distributions by the Collider Detector at Fermilab”, Phys. Rev. Lett., 77, 5336–5341 (1996).

[36] B. Abbott et al. (D0 collaboration), “High-pT jets in p^−p collisions at √ s = 630 and 1800 GeV”, Phys. Rev.

D, 64, 032003 (2001).

[37] R. W. Robinett, “W weak multipole moments in electroweak mixing and composite models”, Phys. Rev. D, 28, 1192–1197 (1983); J. C. Pati, “Dynamical symmetry breaking through preons and the sizes of composite quarks and leptons”, Phys. Rev. D, 30, 1144–1147 (1984).

[38] I. A. D’Souza, C. S. Kalman, “Preons” (World Scientific, Singapore, 1992); J. M. Gipson, Y. Tosa, R. E.

Marshak, “Unique chiral three-preon model of quarks and leptons, Phys. Rev. D, 32, 284–292 (1985); S. Fredriksson, “Preon prophecies by the standard model”, Preprint arXiv:hep-ph/0309213 (2003).

[39] J. C. Pati, A. Salam, Unified lepton-hadron symmetry and a gauge theory of the basic interactions, Phys.

Rev. D, 8, 1240–1251 (1973).

[40] H. Harari, “A schematic model of quarks and leptons”, Phys. Lett. B, 86, 83–86 (1979); H. Harari, N.

Seiberg, “A dynamical theory for the rishon model”, Phys. Lett. B, 98, 269–279 (1981).

[41] R. Raitio, “A model of lepton and quark structure”, Physica Scripta, 22, 197–198 (1980); R. Raitio, “A preon model based universe”, Preprint arXiv:hep-ph/0210446v6 (2002).

[42] M. A. Markov, “Can the gravitational field prove essential for the theory of elementary particles”, Progr.

Theor. Phys. Suppl., Extra Num., 85–95 (1965).

[43] S. O. Bilson-Thompson, F. Markopoulou and L. Smolin, “Quantum gravity and the standard model”, Classical and Quantum Grav., 24, 3975–3993 (2007).

[44] M. Khovanov, “A categorification of the Jones polynomial”, Duke Math. J., 101, 359–426 (2000) [arXiv:math.QA/9908171]; D. Bar-Natan, “On Khovanov’s categorification of the Jones polynomial”, Algebraic and Geom. Topol., 2, 337–370 (2002); M.Khovanov, R. Thomas, “Braid cobordisms, triangulated categories, and flag varieties”, Homology, Homotopy and Appl., 9, 19–94 (2007) [arXiv:math.QA/0609335].

[45] T. R. Mongan, “Preons from holography”, Preprint arXiv:0801.3670 (2008).

[46] S. Weinberg, “Implications of dynamical symmetry breaking”, Phys. Rev. D, 13, 974–996 (1976); G. ’t Hooft, in “Recent Developments in Gauge Theories”, ed. by G. ’t Hooft et al. (Plenum Press, New York, 1980).

[47] J. C. Pati, A. Salam, “Lepton number as the fourth color”, Phys. Rev. D 10, 275–289 (1974); J. C. Pati, A. Salam, “Supersymmetry at the preonic or pre-preonic level and composite supergravity”, Nucl. Phys., B 214, 109–135 (1983); J.-J. Dugne, S. Fredriksson and J. Hansson, “Preon trinity – a schematic model of leptons, quarks and heavy vector bosons”, Europhys. Lett., 60, 188–194 (2002); I. A. Bandos, “BPS preons in supergravity and higher spin theories. An overview from the hill of twistor appraoch”, Preprint arXiv:hep-th/0501115 (2005); C. R. Das, L. V. Laperashvili, Preon model and family replicated E6 unification, Sigma, 4, 012 (2008), arXiv:0707.4551.

[48] E. Artin, “Zur Isotopie zweidimensionaler Flächen in R4”, Abh. Math. Sem. Univ. Hamburg, 4, 174–177 (1926); C. McA. Gordon, “A note on spun knots”, Proc. Amer. Math. Soc., 58, 361–362 (1976); A. I. Suciu, “The oriented homotopy type of spun 3-manifolds”, Pacific J. Math., 131 393–399 (1988); S. Cappel, “Superspinning and knot complements”, in Topology of Manifolds, Proc. Inst. Univ. of Georgia, Athens, Ga., 1969 (Markham, Chicago, Ill, 1970) 358–383; A. Baddeley, “Integrals on a moving manifold and geometrical probability”, Adv. Appl. Prob., 9, 588–603 (1977); C. Eling, T. Jacobson, “Spherical solutions in Einstein-aether theory: static aether and stars”, Class. Quant. Grav., 23, 5625–5642 (2006).

[49] G. F. R. Ellis, “Topology and cosmology”, Gen. Rel. Grav., 2, 7–21 (1971); J. R. Weeks, “The Shape of Space” 2nd ed. (Marcel Dekker. Ink, N.Y., 1985).

[50] M. S. Morris, K.Ṡ Thorne, “Wormholes in spacetime and their use for interstellar travel: A tool for teaching general relativity”, Am. J. Phys., 56, 395–412 (1988); C. Armendariz-Picon, “On a class of stable, traversable Lorentzian wormholes in classical general relativity”, Phys. Rev. D, 65, 104010 (2002) [gr-qc/0201027]; A. A. Shatskii, “Einstein-Rosen bridges and the characteristic properties of gravitational lensing by them”, Astron. Rep., 48, 525–533 (2004).

[51] A. A. Shatskii, N. S. Kardashev and I. D. Novikov, “Dynamic wormhole and the multi-universe model” Uspekhi Fiz. Nauk, 178, 481–488 (2008).

[52] G. D. Birkhoff, “Matter, electricity and gravitation in flat space-time”, Proc. Nat. Acad. Sci., 29, 231– 239 (1943); G. D. Birkhoff, “Flat space-time gravitation”, Proc. Nat. Acad. Sci., 30, 324–334 (1944); D. L. Johnson, “Volume of flows”, Proc. Amer. Math. Soc., 104, 923–931 (1988); N. Arkani-Hamed, H.-Ch. Cheng, M. Luty, J. Thaler, “Universal dynamics of spontaneous Lorentz violation and a new spin-dependent inversesquare law force”, Preprint arXiv:hep-ph/0407034 (2004).

[53] R. de Ritis, M. Lavorgna, G. Platania and C. Stornaiolo, “Spin fluid in Einstein-Cartan theory: A variational principle and an extension of the velocity potential representation”, Phys. Rev. D 28, 713–717 (1983); M. Perry, “Black holes are coloured”, Phys. Lett. B, 71, 234–236 (1977); R. M. Kiehn, “Topological torsion, pfaff dimension and coherent structures”, in: “Topological Fluid Mechanics”, H. K.Moffatt and T. S. Tsinober, Eds. (Cambridge Univ. Press, Cambridge, 1990) 449–458; B. M. Barbashov and A. B. Pestov, “Antisymmetric tensor fields and the Weyl gauge theory”, Theor. Math. Phys. 113, 1299–1308 (1997); A. Dimakis and F. Muller-Hoissen, “Differential geometry of group lattices”, J. Math. Phys. 44, 1781–1821 (2003).

[54] D. D. Iwanenko, “Bemerkungen zur theorie der wechselwirkung”, Physikalische Zeitschrift der Sowjetunion, 13, 141–150 (1938); W. Heisenberg, “Zur Quantisierung nichtlinearer Gleichungen”, Nachr. Akad. Wiss. Göttingen, IIa, 111–127 (1953); V. I. Rodichev, “Twisted space and nonlinear field equations”, Sov. Phys.– JETP, 13, 1029–1033 (1961); V. D. Dzhunushaliev, “Spherically-symmetric solution for torsion and the Dirac equation in 5D spacetime”, Intern. J. Mod. Phys. D 7, 909–915 (1998); V. G. Krechet and V. N. Ponomarev, “Nonlinearity and torsion”, Theor. Math. Phys., 25, 1036–1038 (1975).

[55] R. Jackiw, V. P. Nair and S.-Y. Pi ,“Chern-Simons reduction and non-Abelian fluid mechanics”, Phys. Rev.

D 62, 085018 (2000); B. Bystrovic, R. Jackiw, H. Li, V. P. Nair and S.-Y. Pi, “Non-Abelian fluid dynamics in Lagrangian formulation”, Phys. Rev. D 67, 025013 (2003); J. Dai and V. P. Nair, “Color Skyrmions in the quark-gluon plasma”, Phys. Rev. D 74, 085014 (2006).

[56] O. Tornkvist and E. Schroder, “Vortex dynamics in dissipative systems”, Phys. Rev. Lett 78, 1908–1911 (1997); J. R. Grant and J. S. Marshall, “Inviscid interaction of vortex rings: approach to singularity?”, Third Intern.Workshop on Vortex Flows and Related Numerical Methods, ESAIM: Proceed. 7, 183–194 (1999).

[57] O. V. Baburova, B. N. Frolov, A. S. Vshivtsev and V. P. Myasnikov, “A model of perfect fluid with spin and nonabelian color charge”, Phys. Dokl. 42, 611–614 (1997); R. T. Hammond, “Torsion power”, Gen. Rel. Grav. 29, 727–731 (1997); O. V. Baburova, A. S. Vshivtsev, N. P. Myasnikov, B. N. Frolov, “Perfect fluid with intrinsic color charge”, Phys. Atom. Nucl., 61, 802–807 (1998).

[58] E. F. Suisso, J. P. B. C. de Melo and T. Frederico, “Relativistic dynamics of Qqq systems”, Phys. Rev. D 65, 094009 (2002).

[59] S. Ansoldi, P. Nicolini, A. Smailagic and E. Spalucci, “Non-commutative geometry inspired charged black holes”, Phys. Lett. B 645, 261–266 (2007).

[60] O. Osenda, P. Serra and F. A. Tamarit, “Non-equilibrium properties of small Lennard-Jones clusters”, Physica D 168–169, 336–340 (2002).

[61] S. Wiggins, “Global Bifurcations and Dynamical Chaos” (Springer-Verlag, Berlin, 1988); L. Carlson and W. C. Schieve, “Chaos and quantum fluctuations in the squeezed double-well potential”, Phys. Rev. A 40, 1127–1129 (1989).

[62] J. C. Pati, “Magnetism as the origin of preon binding”, Phys. Lett. B, 98, 40–44 (1981).

[63] M. Kleman, Lines and Walls, Wiley and Sons, Chichester, 1983.

[64] V. N. Yershov, “Quantum properties of a cyclic structure based on tripolar fields”, Physica D 226, 136–143 (2007).

[65] V. N. Yershov, “Equilibrium configurations of tripolar charges”, Few-Body Syst. 37, 79–106 (2005).

[66] V. Silveira and A. Zee, “Preons with exceptional hyperforce”, Phys. Lett. B 157, 191–194 (1985).

[67] H. G. Dehmelt, “Experiments with an isolated subatomic particle at rest”, Nobel Lectures, Physics 1981– 1990, Ed. T. Frängsmyr and G. Ekspang, 583–595 (World Scientific Publ., Singapore, 1993).

[68] G. Dissertori, “LHC expectations (machine, detectors and physics)”, Proceed. of the International Europhysics Conference on High Energy Physics (HEP-EPS 2005), Lisbon, Portugal, 21-27 Jul 2005, [arXiv: hep-ex/0512007]; K. Desch, “LHC physics – what can be done in the first years”, Acta Phys. Polonica B 36, 3343–3353 (2005); D. Treile, “The experimental challenges of LHC”, J. of Phys.: Conf. Series 53, 117–162 (2006).

[69] D. Stump, “Inclusive jet production, parton distributions, and the search for new physics”, JHEP 10, 046 (2003); G. Domokos and S. Kovesi-Domokos, “Some signals of compositeness of quarks and leptons”, Phys. Lett. B 266, 87–91 (1991).

[70] D. Treille, “The experimental challenges of LHC”, J. Phys. Conf. Ser. 53, 117–162 (2006); P. Miné, “Exotica at LHC”, EPJdirect C 4, Suppl. 1, 18 (2002).

[71] H. Senju, “Preon model and exotic events”, Progr. Theor. Phys. 74, 413–417 (1985).

[72] R. Harnik, G. D. Kribs and G. Perez, “A universe without weak interaction”, Phys. Rev. D 74, 035006 (2006).

[73] F. Bloch, “Bemerkung zur Elektronentheorie des Ferromagnetismus und der electrische Leitfhigkeit”, Z.

Phys. 57, 545–555 (1929).

[74] M. M. Fogler and E. Pivovarov, “Spin exchange in quantum rings and wires in the Wigner-crystal limit”, J.

Phys.: Condens. Matter 18, I.7–I.13 (2006).

[75] P. I. Jain and G. Singh, “Search for new particles decaying into electron pairs of mass below 100 MeV/c^2 ”, J. Phys. G: Nucl. Part. Phys. 34, 129–138 (2007).

[76] E. B. Gliner, I. G. Dymnikova, “Nonsingular Friedmann cosmology”, Sov. Astron. Lett., 1, 93–94 (1975).

[77] M. A. Markov, “Asymptotic freedom and entropy in a perpetually oscillating universe”, Phys. Lett. A, 94, 427–429 (1983).

[78] E. B. Olive, “Inflation”, Phys. Rep., 190, 307–403 (1990).

[79] R. Penrose, “Time-asymmetry, cosmological uniformity and space-time singularities”, in Progress in Cosmology, Ed. A. W. Wolfendale (D. Reidel Publ. Comp., Dordrecht 1982) 87–88.

[80] R. Penrose, “The Emperor’s New Mind” (Oxford Univ. Press, Oxford 1989); R. Penrose, “The Road to Reality” (Vintage Books, 2006).

[81] R. C. Tolman, “On the problem of the entropy of the universe as a whole”, Phys. Rev., 37, 1639–1660 (1931).

[82] L. Brown, P. H. Frampton, “Turnaround in cyclic cosmology”, Phys. Rev. Lett., 98, 071301 (2007) [hep-th/0610213].

[83] T. Biswas, “The Heagedorn soup and an emergent cyclic universe” Preprint arXiv:0801.1315 (2008).

[84] O. Lahav, A. R. Linde, “Cosmological parameters”, In “The Review of Particle Physics”, S. Eidelman et al. (Particle Data Group), Phys. Lett. B592, 1 (2004) [astro-ph/0406681]; A. Blanchard, “Cosmological parameters: Fashion and facts”, Preprint: arxiv:astro-ph/0301137 (2003); K. Lake, “The flatness problem and Λ”, Phys. Rev. Lett., 94, 201102 (2005).

[85] R. Hagedorn, Statistical thermodynamics of strong interactions at high energies, Nuovo. Cim. Suppl., 3, 147– 186 (1965); R. Hagedorn, “The pressure ensembleas a tool of describing the hadron-quark phase transition”, Z. Phys. C: Par. Field., 17, 265–281 (1983).

[86] R. Penrose, “Singularities and time-asymmetry”, in General Relativity: An Einstein Centenary Survey, ed. S.

Hawking and W. Israel (Cambridge Univ. Press, Cambridge, 1979) 581–638; B. L. Hu, “Quantum dissipative processes and gravitational entropy of the universe”, Phys. Lett. A, 97, 368–374 (1983); M. M. Ćirković, “Is the universe really that simple?”, Found. Phys. 32, 1141–1157 (2002); Ya. B. Zeldovich, “A hypothesis, unifying the structure and the entropy of the universe”, Mon. Not. R. Astr. Soc., 160, 1–3 (1972).

[87] R. Penrose, “Difficulties with inflationary cosmology”, Ann. N.Y. Acad. Sci., 571, 249–264 (1989).

[88] Ya. B. Zeldovich, I. D. Novikov, “The Structure and Evolution of the Universe”, (Nauka Press, Moscow, 1975), Ch. 23 § 9.

[89] E. M. Lifschitz, I. M. Khalatnikov, “Investigations in relativist cosmology”, Adv. Phys., 12, 207 (1963).

[90] F. R. Tangherlini, “The flatness problem and the pulsating universe”, Il Nuovo Cim. B, 108, 1253–1273 (1993).

[91] R. Durrer, J. Laukeumann, “The oscillating universe: an alternative to inflation”, Class. Quant. Grav., 13, 1069–1088 (1996) [gr-qc/9510041].

[92] W. P. Thurston and J. Weeks, “The mathematics of three-dimensional manifolds”, Sci. Am. 251, 108–113 (1984); W. P. Thurston, “Three-Dimensional Geometry and Topology” (Princeton Univ. Press., Princeton, 1997); M. Anderson, “Curvature estimates for minimal surfaces in 3-manifolds”, Ann. Scient. Ecole Norm. Sup. 18, 89-105 (1985).

[93] D. Jakobson, N. Nadirashvili and I. Polterovich, “Extremal metric for the first eigenvalue on a Klein bottle”, Canad. J. Math. 58, 381–400 (2006).

[94] D. N. Spergel et al, “First year Wilkinson Microwave Anisotropy Probe (WMAP) observations: determination of cosmological parameters”, Astrophys. J. Suppl. 148, 175–194 (2003).

[95] A. Albrecht, J. Magueijo, A time varying speed of light as a solution to cosmological puzzles, Phys. Rev.

D59, 043516 (1999); J. D. Barrow, “Cosmologies with varying light-speed” [arXiv: astro-ph/9811022]; M. Szydlowski and A. Krawiec A., “Dynamical system approach to cosmological models with varying speed of light” [arXiv: gr-qc/0212068]; G. Ellis, R. Maartens, “The emergent universe: inflationary cosmology with no singularity and no quantum gravity era” [arXiv: gr-qc/0211082]; J. C. Niemeyer, “Varying speed of light cosmology from a stringy short distance cutoff”, Phys. Rev. D 65, 083505 (2002); J. Magueijo, “Stars and black holes in varying speed of light theories”, Phys. Rev. D 63, 043502 (2001).

[96] S. Chakraborty, “Varying-speed-of-light theory with a variable cosmological term”, Nuovo Cimento B 117, 189–195 (2002).

[97] K. Gödel, “An example of new type of cosmological solutions of Einstein’s field equations of gravitation”, Rev. Mod. Phys. 21, 447–450 (1949); K. Lanczos, “Über eine stationre kosmologie im sinne der Einsteinischen Gravitationstheories” Zeitschr. f. Phys., 21, 73 (1924); G. Gamow, “Rotating universe?”, Nature, 158, 549 (1946); A. Raychaudhuri, “Relativistic cosmology I”, Phys. Rev., 98, 1123–1126 (1955); C. B. Collins, S. W. Hawking, “The rotation and distortion of the universe”, Mon. Not. R. Astron. Soc., 162, 307–320 (1973). Yu. N. Obukhov, “Rotation in cosmology”, Gen. Rel. Grav., 24, 121–128 (1992).

[98] C. Y. Fan, “Note on rotating universe”, Phys. Rev., 77, 140 (1950).

[99] J. Magueijo, “New varying speed of light theories”, Rept. Prog. Phys. 66, 2025–2068 (2003).

[100] R. Omnès, Possibility of matter-antimatter separation at high temperature, Phys. Rev. Lett., 23, 38–40 (1969); Ya. B. Zeldovich, “Cosmological fluctuations produced near singularity”, Mon. Not. R. Astr. Soc. 192, 663–667 (1980); A. A. Starobinsky, “A new type of isotropic cosmological models without singularity”, Phys. Lett. B 91, 99–102 (1980); L. Rezzolla, J. C. Miller, and O. Pantano, “Evaporation of quark drops during the cosmological quark-hadron transition”, Phys. Rev. D, 52, 3202–3213, (1995). P. C. Fragile, P. Anninos, “Hydrodynamic stability of cosmological quark-hadron phase transitions”, Phys. Rev. D, 67, 103010, (2003).

[101] L. Susskind, “The antropic landscape of string theory”, Preprint arXiv:hep-th/0302219 (2003); G. F. R.

Ellis, “Issues in the philosophy of cosmology”, Preprint arXiv:astro-ph/0602280 (2006).